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1
MODELING AND DESIGNING OF WELL
DRILLING SYSTEM THAT ACCOUNTS FOR
VIBRATIONS

CROSS REFERENCE TO RELATED
APPLICATIONS

This application is a continuation of U.S. application Ser.
No. 12/517,526, filed 3 Jun. 2009, which is the National
Stage of International Application No. PCT/US07/25017,
filed 6 Dec. 2007, which claims the benefit of U.S. Provi-
sional Application No. 60/899,305, filed 2 Feb. 2007.

FIELD OF THE INVENTION

The present invention describes a method for modeling
and designing a drilling system that accounts for vibrations,
which may be experienced by the drilling system’s equip-
ment. In particular, the present invention describes modeling
bottom hole assemblies (BHAs) to enhance drilling rate of
penetration, to reduce downhole equipment failure, to
extend current tool durability and/or to enhance overall
drilling performance. The modeling of the BHAs may be
used to enhance hydrocarbon recovery by drilling wells
more efficiently.

BACKGROUND

This section is intended to introduce various aspects of
art, which may be associated with exemplary embodiments
of the present techniques. This discussion is believed to be
helpful in providing information to facilitate a better under-
standing of particular aspects of the present techniques.
Accordingly, it should be understood that this section should
be read in this light, and not necessarily as admissions of
prior art.

The production of hydrocarbons, such as oil and gas, has
been performed for numerous years. To produce these
hydrocarbons, one or more wells in a field are typically
drilled into subterranean locations, which are generally
referred to as subsurface formations or basins. The wellbores
are formed to provide fluid flow paths from the subterranean
locations to the surface by drilling operations. The drilling
operations typically include the use of a drilling rig coupled
to a drillstring and bottom hole assembly (BHA), which may
include a drill bit, drill collars, stabilizers, measurement
while drilling (MWD) equipment, rotary steerable systems
(RSS), hole opening and hole reaming tools, bi-center bits,
roller reamers, shock subs, float subs, bit subs, heavy-weight
drill pipe, and other components known to those skilled in
the art. Once drilling operations are complete, the produced
fluids, such as hydrocarbons, are processed and/or trans-
ported to delivery locations.

During the drilling operations, various limiters may hin-
der the rate of penetration (ROP). For instance, vibrations
during drilling operations have been identified as one factor
that limits the ROP. These vibrations may include lateral,
axial and torsional vibrations. Axial vibrations occur as a
result of bit/rock interactions and longitudinal drillstring
dynamics, and this mode may propagate to surface or may
dampen out by contact with the wellbore. Torsional vibra-
tions similarly may involve fluctuations in the torque at the
bit and subsequent propagation uphole as a disturbance in
the rotary motion of the drillstring. Further, BHA lateral
vibrations involve beam bending mode dynamics in the stiff
pipe near the bit and do not usually propagate directly to the
surface. However, lateral vibrations may couple to the axial
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and torsional vibrations and therefore be experienced at the
surface. Some authors have identified lateral vibrations as
the most destructive mode to drilling equipment. The iden-
tification of the different types and amplitudes of the vibra-
tions may be provided from downhole sensors in MWD
equipment to provide either surface readout of downhole
vibrations or stored data that can be downloaded at the
surface after the “bitrun” or drilling interval is complete.

As drilling operations are expensive, processes for opti-
mizing drilling operations based on the removal or reduction
of founder limiters, such as vibrations, may be beneficial. As
an example, BHA’s utilized in drilling operations are typi-
cally based on designs from service companies, local oper-
ating practices and/or prior historical methods, which often
lead to random results in the drilling performance. Because
vibrations may impact equipment durability, the downhole
failure of a BHA may be expensive and significantly
increase the costs of drilling a well. Indeed, the costs of
BHA failures may include replacement equipment and addi-
tional time for a round-trip of the drillstring in the event of
a washout (e.g. loss of drillstem pressure) with no parting of
the drillstring. Further compounding these costs, sections of
the wellbore may be damaged, which may result in side-
tracks around the damaged sections of the wellbore.

Accordingly, design tools (e.g. software applications and
modeling programs) may be utilized to examine the effect of
vibrations on the drilling of a well. For example, modeling
programs may represent the static force interactions in a
BHA as a function of stabilizer placement. Although there
have been numerous attempts to model BHA dynamics,
there is a need for model-based design tools to configure
BHA designs for evaluating vibration effects as described
herein.

In the numerous references cited in this application, there
are both time and frequency domain models of drilling
assemblies. Because of the interest in direct force calcula-
tions for bit design and the rapid increase in computational
capability, recent activity has focused on the use of direct
time domain simulations and the finite element methods,
including both two-dimensional and three-dimensional
approaches. However, these simulations still require consid-
erable calculation time, and therefore the number of cases
that can be practically considered is limited. The finite
element method has also been used for frequency domain
models, in which the basic approach is to consider the
eigenvalue problem to solve for the critical frequencies and
mode shapes. Only a couple of references have used the
forced frequency response approach, and these authors
chose different model formulations than discussed herein,
including a different selection of boundary conditions. One
reference used a similar condition at the bit in a finite
element model, but a different boundary condition was
specified at the top of the bottomhole assembly. This refer-
ence did not proceed further to develop the design proce-
dures and methods disclosed herein.

The prior art does not provide tools to support a design
process as disclosed herein (i.e. a direct, comparative char-
acterization of the drilling vibration behavior for myriad
combinations of rotary speed and weight on bit), and there
are no references to design indices or figures of merit to
facilitate comparison of the behaviors of different assembly
designs. Accordingly, there is a need for such software tools
and design metrics to design improved bottomhole assembly
configurations to reduce drilling vibrations.

Other related material may be found in the following: G.
Heisig et al., “Lateral Drillstring Vibrations in Extended-
Reach Wells”, SPE 59235, 2000, P. C. Kriesels et al., “Cost
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Savings through an Integrated Approach to Drillstring
Vibration Control”, SPE/IADC 57555, 1999; D. Dashevskiy
et al., “Application of Neural Networks for Predictive Con-
trol in Drilling Dynamics”, SPE 56442, 1999; A. S. Yigit et
al., “Mode Localization May Explain Some of BHA Fail-
ures”, SPE 39267, 1997; M. W. Dykstra et al., “Drillstring
Component Mass Imbalance: A Major Source of Downhole
Vibrations”, SPE 29350, 1996; J. W. Nicholson, “An Inte-
grated Approach to Drilling Dynamics Planning, Identifica-
tion, and Control”, SPE/IADC 27537, 1994; P. D. Spanos
and M. L. Payne, “Advances in Dynamic Bottomhole
Assembly Modeling and Dynamic Response Determina-
tion”, SPE/IADC 23905, 1992; M. C. Apostal et al., “A
Study to Determine the Effect of Damping on Finite-Ele-
ment-Based, Forced Frequency-Response Models for Bot-
tomhole Assembly Vibration Analysis™, SPE 20458, 1990; F.
Clayer et al., “The Effect of Surface and Downhole Bound-
ary Conditions on the Vibration of Drillstrings”, SPE 20447,
1990; D. Dareing, “Drill Collar Length is a Major Factor in
Vibration Control”, SPE 11228, 1984; A. A. Besaisow, et al.,
“Development of a Surface Drillstring Vibration Measure-
ment System”, SPE 14327, 1985; M. L. Payne, “Drilling
Bottom-Hole Assembly Dynamics”, Ph.D. Thesis, Rice Uni-
versity, May 1992; A. Besaisow and M. Payne, “A Study of
Excitation Mechanisms and Resonances Inducing Bottom-
hole-Assembly Vibrations”, SPE 15560, 1988; and U.S. Pat.
No. 6,785,641.

Further, as part of a modeling system developed by
ExxonMobil, a performance index was utilized to provide
guidance on individual BHA designs. A steady-state forced
frequency response dynamic model was developed to ana-
lyze a single BHA in batch mode from a command line
interface, using output text files for graphical post-process-
ing using an external software tool, such as Microsoft
Excel™, This method was difficult to use, and the limita-
tions of the interface impeded its application. The model was
utilized in some commercial applications within the United
States since 1992 to place stabilizers to reduce the predicted
vibration levels, both in an overall sense and specifically
within designed rotary speed ranges. This model provided an
End-Point Curvature index for a single BHA configuration.
However, it did not provide results for two or more BHA
configurations concurrently.

Accordingly, the need exists for a BHA design tool to
characterize the vibration performance of alternative BHA
designs and to present these results for the purpose of
comparing designs and selecting a specific design configu-
ration. Further a method is needed to apply substantially
similar excitation boundary conditions and operating param-
eters to all BHA design configurations, to calculate the
model results, and then to display the results on the same
plots with identical scaling. To compare the BHA design
configurations, metrics and algorithms are needed to facili-
tate the comparison process and, with underlying vibration
dynamic and static models, to provide useful diagnostics to
assist in the redesign and selection processes.

SUMMARY OF INVENTION

In one embodiment, a method of modeling drilling equip-
ment is described. The method includes constructing two or
more design configurations, wherein each of the design
configurations represent at least a portion of a bottom hole
assembly (BHA); calculating results from each of the two or
more design configurations; simultaneously displaying the
calculated results of each of the two or more design con-
figurations.
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In a second embodiment, a method of modeling drilling
equipment is described. The method includes constructing at
least one design configuration representing a portion of a
bottom hole assembly (BHA); calculating one or more
performance indices that characterize the BHA vibration
performance of the at least one design configuration,
wherein the one or more performance indices comprise an
end-point curvature index, a BHA strain energy index, an
average transmitted strain energy index, a transmitted strain
energy index, a root-mean-square BHA sideforce index, a
root-mean-square BHA torque index, a total BHA sideforce
index, a total BHA torque index, and any mathematical
combination thereof; and displaying the calculated one or
more performance indices of the at least one design con-
figuration.

In a third embodiment, a method of producing hydrocar-
bons is described. The method includes providing a bottom
hole assembly design configuration selected from simulta-
neous modeling of two or more bottom hole assembly
design configurations; drilling a wellbore to a subsurface
formation with drilling equipment based on the selected
bottom hole assembly design configuration; disposing a
wellbore completion into the wellbore; and producing
hydrocarbons from the subsurface formation.

In a fourth embodiment, a modeling system is described.
The modeling system includes a processor; memory coupled
to the processor; and a set of computer readable instructions
accessible by the processor. The set of computer readable
instructions are configured to construct at least two design
configurations, wherein each of the at least two design
configurations represent a portion of a bottom hole assem-
bly; calculate results of each of the at least two design
configurations; simultaneously display the calculated results
of each of the at least two design configurations.

In a fifth embodiment, a method of producing hydrocar-
bons is described. The method includes providing a bottom
hole assembly design configuration selected from modeling
of one or more performance indices that characterize the
BHA vibration performance of the bottom hole assembly
design configuration, wherein the one or more performance
indices comprise an end-point curvature index, a BHA strain
energy index, an average transmitted strain energy index, a
transmitted strain energy index, a root-mean-square BHA
sideforce index, a root-mean-square BHA torque index, a
total BHA sideforce index, a total BHA torque index, and
any mathematical combination thereof; drilling a wellbore to
a subsurface formation with drilling equipment based on the
bottom hole assembly design configuration; disposing a
wellbore completion into the wellbore; and producing
hydrocarbons from the subsurface formation.

In one or more of the above embodiments, additional
features may be utilized. For example, the methods or
computer readable instructions may further include verify-
ing the two or more design configurations by graphically
displaying the two or more design configurations simulta-
neously, selecting one of the two or more design configu-
rations based on the calculated results, identifying operating
parameters and boundary conditions; and comparing state
variable values in the results for the two or more design
configurations, wherein the two or more design configura-
tions are subjected to substantially similar system excitation.
Also, constructing the two or more design configurations
may include constructing two or more design layouts; asso-
ciating operating parameters and boundary conditions with
the two or more design layouts; and associating equipment
parameters with each of the two or more design layouts to
create the two or more design configurations. These oper-
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ating parameters and boundary conditions applied to each of
the two or more design configurations are substantially the
same or are different. The operating parameters and bound-
ary conditions may include a first modeling set and a second
modeling set, the first set of operating parameters and
boundary conditions is used to model at least one of static
bending, dynamic lateral bending and eccentric whirl and
the second set of operating parameters and boundary con-
ditions is used to model another one of static bending,
dynamic lateral bending and eccentric whirl.

Further, the calculating the results for two or more design
configurations may include generating a mathematical
model for each of the two or more design configurations;
calculating the results of the mathematical model for speci-
fied operating parameters and boundary conditions; identi-
fying the displacements, tilt angle, bending moment, and
beam shear force from the results of the mathematical
model; and determining state vectors and matrices from the
identified outputs of the mathematical model. The model
results may be based on a two-dimensional or three-dimen-
sional finite element model from which state vectors and
matrices are identified. Moreover, the calculating the results
of each of the two or more design configurations may
include generating a lumped parameter model of each of the
two or more design configurations, wherein the lumped
parameter model has a framework of state vector responses
and matrix transfer functions; determining a mass element
transfer function and a beam element transfer function; and
determining boundary conditions and a system excitation to
generate the results. The calculated results may be displayed
as three dimensional responses, wherein the three dimen-
sional responses are rotated based on movement of one or
more virtual slider bars.

Also, in other embodiments, the calculated results may
include one or more performance indices that characterize
vibration performance of the two or more design configu-
rations. For example, the one or more performance indices
may include one or more of an end-point curvature index, a
BHA strain energy index, an average transmitted strain
energy index, a transmitted strain energy index, a root-mean-
square BHA sideforce index, a root-mean-square BHA
torque index, a total BHA sideforce index, a total BHA
torque index, and any mathematical combination thereof.
The various equations for these indices are described further
below.

BRIEF DESCRIPTION OF THE DRAWINGS

The foregoing and other advantages of the present tech-
nique may become apparent upon reading the following
detailed description and upon reference to the drawings in
which:

FIG. 1 is an exemplary flow chart of a process of
modeling and operating a drilling system in accordance with
certain aspects of the present techniques;

FIG. 2 is an exemplary flow chart for modeling two or
more BHA design configurations of FIG. 1 in accordance
with certain aspects of the present techniques;

FIG. 3 is an exemplary embodiment of a modeling system
in accordance with certain aspects of the present techniques;

FIG. 4 is an exemplary screen view provided by the
modeling system of FIG. 3 utilized in accordance with some
aspects of the present techniques;

FIGS. 5A-5D are exemplary screen views provided by the
modeling system of FIG. 3 utilized in a Design Mode to
construct BHA design configurations in accordance with
some aspects of the present techniques;

10

15

20

25

30

35

40

45

50

55

60

65

6

FIGS. 6A-6l are exemplary screen views provided by the
modeling system of FIG. 3 utilized in a Design Mode to
simultaneously display constructed BHA design configura-
tions in accordance with some aspects of the present tech-
niques;

FIGS. 7A-7B are exemplary screen views provided by the
modeling system of FIG. 3 utilized in a Design Mode to
display a single constructed BHA design configuration in
accordance with some aspects of the present techniques;

FIGS. 8A-8E are exemplary screen views provided by the
modeling system of FIG. 3 utilized in a Design Mode to
display vibration performance index results in accordance
with some aspects of the present techniques; and

FIGS. 9A-9D are exemplary screen views provided by the
modeling system of FIG. 3 utilized in a Log Mode in
accordance with some aspects of the present techniques.

DETAILED DESCRIPTION

In the following detailed description section, the specific
embodiments of the present techniques are described in
connection with preferred embodiments. However, to the
extent that the following description is specific to a particu-
lar embodiment or a particular use of the present techniques,
this is intended to be for exemplary purposes only and
simply provides a concise description of the exemplary
embodiments. Accordingly, the invention is not limited to
the specific embodiments described below, but rather, it
includes all alternatives, modifications, and equivalents fall-
ing within the true scope of the appended claims.

The present technique is directed to a method for man-
aging and modeling bottomhole assemblies to evaluate,
analyze and assist in the production of hydrocarbons from
subsurface formations. Under the present techniques, a
modeling mechanism, such as a modeling system may
include software or modeling programs that characterize the
vibration performance of two or more candidate BHA’s
simultaneously and/or graphically in what is referred to as
“design mode.” The BHA used in a drilling system may be
selected based on the relative performance indices or
indexes for different BHA design configurations. These
indices may include end-point curvature index, BHA strain
energy index, average transmitted strain energy index, trans-
mitted strain energy index, root-mean-square (RMS) BHA
sideforce index, RMS BHA torque index, total BHA side-
force index, and total BHA torque index, which are dis-
cussed further below, in addition to specific static design
objectives for the respective assembly. Further, the present
techniques may also include a “log mode” that compares
predicted vibration characteristics with real-time measured
data at specific operating conditions. The same indices used
in the design mode may be presented in a log mode to
compare measured real-time drilling data with the indices to
assist in assessing the BHA vibration performance and to
gain an understanding of how to evaluate the different
performance metrics by comparison with field performance
data (e.g. measured data).

Turning now to the drawings, and referring initially to
FIG. 1, an exemplary flow chart 100 of a process of
modeling and operating a drilling system in accordance with
certain aspects of the present techniques is described. In this
process, candidate BHA design configurations are modeled
together to provide a clear comparison between different
models. Each BHA design configuration is a model repre-
sentation of a BHA that may be utilized as part of drilling
operations for a wellbore.
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The flow chart begins at block 102. At block 104, data
may be obtained for the model. The data may include
operating parameters (e.g. weight on bit (WOB) range,
rotary speed range (e.g., rotations per minute (RPM)),
nominal borehole diameter, hole enlargement, hole angle,
drilling fluid density, depth, and the like) and BHA design
parameters (e.g., drill collar dimensions and mechanical
properties, stabilizer dimensions and locations in the BHA,
drill pipe dimensions, length, and the like). Some model-
related parameters may also be utilized, such as the vibra-
tional excitation modes to be modeled (specified as mul-
tiples of the rotary speed), clement length, boundary
conditions, and number of “end-length” elements and the
end-length increment value. Then, BHA design configura-
tions may be modeled, as shown in block 106. The modeling
of'the BHA design configurations may include consideration
of the static solutions followed by an investigation into
dynamic performance by conducting a simulation and
reviewing the results, which is discussed further below. With
experience, a BHA design engineer may appreciate the
design tradeofts and, by comparing results for different
designs, develop BHA designs with improved operating
performance. An example of the modeling design iteration
process is described further below in FIG. 2.

Once modeled, one of the BHA design configurations is
selected, as shown in block 108. The selection may be based
on a comparison of multiple BHA design configurations.
That is, the modeling of the BHA design configurations may
include different displays of the calculated state vectors
(e.g., displacement, tilt, bending moment, lateral shear force
of the beam, and BHA/wellbore contact forces and torques)
as a function of the operating parameters (e.g. RPM, WOB,
etc.), distance to the bit, and BHA design configuration. The
displayed results or solutions may include detailed 3-dimen-
sional state vector plots, which are intended to illustrate the
vibrational tendencies of alternative BHA design configu-
rations. The selection may include selecting a preferred
BHA design configuration in addition to identifying a pre-
ferred operating range for the preferred design configura-
tion. The selection may be based on the relative performance
of the BHA design configurations, which may be evaluated
using a variety of indices, including end-point curvature
index, BHA strain energy index, average transmitted strain
energy index, transmitted strain energy index, RMS BHA
sideforce index, RMS BHA torque index, total BHA side-
force index, total BHA torque index and any mathematical
combination thereof.

The selection process also includes consideration of the
static results provided by a modeling system. Static model
considerations include providing appropriate static bit tilt
angle and sideforce values, in addition to low values of static
contact forces at contact points, with the understanding that
both the static and dynamic sideforces generate torque as the
BHA turns, thus serving as drilling energy loss mechanisms.
Both static and dynamic performance considerations may be
useful in the selection of the optimal BHA design configu-
ration.

At block 110, a well may be drilled with drilling equip-
ment designated in the selected BHA design configuration.
The drilling of the well may include forming the wellbore to
access a subsurface formation with the drilling equipment.
Measured data may then be compared with calculated data
for the selected BHA design configuration, as shown in
block 112. That is, as the drilling operations are being
performed or at some time period following the drilling
operations, sensors may be used to collect measured data
associated with the operation of the drilling equipment. For
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example, the measured data may include RPM, WOB, axial,
lateral, and stick/slip vibration measurements, drilling per-
formance as determined by the Mechanical Specific Energy
(MSE), or other appropriate derived quantities. Downhole
data may be either transmitted to the surface in real-time or
it may be stored in the downhole equipment and received
when the equipment returns to the surface. The measured
data may be compared with calculated data from the mod-
eling system for the selected BHA design configuration or a
model of the BHA utilized in the drilling operations. This
feedback process facilitates modeling validation and verifi-
cation, and it allows the design engineers to monitor the
value of the design process and thereby document improve-
ments to the drilling process. It also helps to determine
which of the design index values warrants greater weighting
in the BHA selection process, thus providing learning aids to
advance the development of the BHA design configuration
selection process. Once the wellbore is formed, hydrocar-
bons may be produced from the well, as shown in block 114.
The production of hydrocarbons may include completing the
well with a well completion, coupling tubing between the
well completion and surface facilities, and/or other known
methods for extracting hydrocarbons from a wellbore.
Regardless, the process ends at block 116.

Beneficially, the present techniques may be utilized to
reduce the limiters that may hinder drilling operations. To
facilitate these enhancements, two or more BHA design
configurations are compared simultaneously with concurrent
calculation and display of model results for two or more
designs. With this comparison, the merits of alternative
design configurations can be evaluated. Further, with the
calculated data and measured data associated with the
selected design configuration, other limiters that may be
present during the drilling of the wellbore may be identified
and addressed in a timely manner to further enhance drilling
operations. For example, if the primary limiter appears to be
torsional stick/slip vibrations and the sources of torque in the
BHA due to contact forces have been minimized, another
possible mitigator is to choose a less aggressive bit that
generates lower torque for a given applied weight on bit. An
example of the modeling of two or more BHA design
configurations is described in greater detail below in FIG. 2.

FIG. 2 is an exemplary flow chart 200 of the modeling of
two or more BHA design configurations in block 108 of FIG.
1 in accordance with certain aspects of the present tech-
niques. For exemplary purposes, in this flow chart, the
modeling of the two or more BHA design configurations is
described as being performed by a modeling system. The
modeling system may include a computer system that oper-
ates a modeling program. The modeling program may
include computer readable instructions or code that com-
pares two or more BHA design configurations, which is
discussed further below.

The flow chart begins at block 202. To begin, the BHA
layout and parameters are obtained to construct the BHA
design configurations, as discussed in blocks 204-208. At
block 204, operating parameters may be obtained. The
operating parameters, such as the anticipated ranges of
WOB, RPM and wellbore inclination, may be obtained from
a user entering the operating parameters into the modeling
system or accessing a file having the operating parameters.
For the static model, the condition of the BHA model
end-point (e.g. end away from the drill bit) can be set to
either a centered condition (e.g. the pipe is centered in the
wellbore) or an offset condition (e.g. the pipe is laying on the
low side of the wellbore). The BHA design parameters are
then obtained, as shown in block 206. As noted above, the
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BHA design parameters may include available drill collar
dimensions and mechanical properties, dimensions of avail-
able stabilizers, drill pipe dimensions, length, and the like.
For example, if the drilling equipment is a section of tubing
or pipe, the BHA design parameters may include the inner
diameter (ID), outer diameter (OD), length and bending
moment of inertia of the pipe, and the pipe material prop-
erties. Also, the modeling system may model drilling equip-
ment made of steel, non-magnetic material, Monel, alumi-
num, titanium, etc. If the drilling equipment is a stabilizer or
under-reamer, the BHA design parameters may include
blade OD, blade length, and/or distance to the blades from
the ends. At block 208, the initial BHA layouts are obtained.
Obtaining of the BHA layouts may include accessing a
stored version of a previously modeled or utilized BHA
design configuration or BHA layout, interacting with the
modeling system to specify or create a BHA layout from the
BHA design parameters, or entering a proposed configura-
tion into the model that was provided by the drilling engi-
neer or drilling service provider. The BHA layouts specify
the positioning of the equipment and types of equipment in
the BHA, usually determined as the distance to the bit of
each component.

Once the different BHA design configurations are com-
pleted, the results for the selected BHA design configura-
tions are calculated, as shown in block 210. The calculations
may include calculation of the static states to determine
force and tilt angle at the bit and static stabilizer contact
forces, calculation of dynamic performance indices, calcu-
lation of dynamic state values for specific excitation modes
as a function of rotary speed and distance to bit, and the like.
More specifically, the calculations may include the dynamic
lateral bending (e.g. flexural mode) and eccentric whirl
dynamic response as perturbations about a static equilib-
rium, which may be calculated using the State Transfer
Matrix method described below or other suitable method.
This flexural or dynamic lateral bending mode may be
referred to as “whirl.” The static responses may include the
state vector response (e.g. displacement, tilt, bending
moment, shear force, and contact forces or torques) as a
function of distance from the bit, WOB, and wellbore
inclination (e.g. angle or tilt angle). For the dynamic
response values, the state variables may be calculated as a
function of distance from the drill bit, WOB, RPM, excita-
tion mode, and end-lengths. As used herein, the “excitation
mode” is the multiple of the rotary speed at which the system
is being excited (for example, it is well known that a roller
cone bit provides a three times multiple axial excitation,
which may couple to the lateral mode). The “end-length” is
the length of pipe added to the top of the BHA, often in the
heavy-weight drillpipe, to evaluate the vibrational energy
being transmitted uphole. Because the response may be
sensitive to the location of the last nodal point, the compu-
tational approach is to evaluate a number of such possible
locations for this nodal point for the purpose of computing
the response. Then these different results are averaged (by
root-mean-square (RMS)) to obtain the overall system
response for the parametric set of the various excitation
modes and end-lengths for each RPM, and the “worst case”
maximum value may also be presented, which is described
further below. For the lateral bending and eccentric whirl,
the model states (e.g. displacement, tilt, bending moment,
shear force, and contact forces or torques) may be calculated
and displayed as functions of distance from the bit for
specified WOB, RPM, excitation mode, and end-length.

Once the results are calculated and displayed, simultane-
ously as shown in block 210, the results are verified, as
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shown in block 212. The calculation verification process
includes determining by examination that, for example,
there were no numerical problems encountered in the simu-
lation and that all excitation modes were adequately simu-
lated throughout the requested range of rotary speeds, bit
weights, and end-lengths. Then, a determination is made
whether the BHA design configurations are to be modified,
as shown in block 214. If the BHA design configurations or
specific parameters are to be modified, the BHA design
configurations may be modified in block 216. The modifi-
cations may include changing specific aspects in the oper-
ating parameters, BHA design configurations, BHA design
parameters and/or adding a new BHA design configuration.
As a specific example, the WOB, RPM and/or excitation
mode may be changed to model another set of operating
conditions. The BHA design configurations are typically
adjusted by altering the distance between points of stabili-
zation, by changing the sizes or number of stabilizers and
drill collars, by relocating under-reamers or cross-overs to a
different position in the BHA design configuration, and the
like. Once the modifications are complete, the results may be
recalculated in block 210, and the process may be iterated to
further enhance performance.

However, if the BHA design configurations are not to be
modified, the results are provided, as shown in block 218.
Providing the results may include storing the results in
memory, printing a report of the results, and/or displaying
the results on a monitor. For example, a side-by-side graphi-
cal comparison of selected BHA design configurations may
be displayed by the modeling system. The results of some of
the calculated static and dynamic responses for specified
WOB, RPM, excitation mode, end-lengths, and vibration
indices may also be displayed on two-dimensional or three-
dimensional plots. Further, if the results are being compared
to measured data (e.g. the modeling system is in “log
mode”), the results may be displayed in direct comparison to
the measured data for certain BHA design configurations. In
this mode, the results may be calculated using the specific
field operating conditions, such as performing a simulation
of the BHA design configuration with the operating param-
eters (rotary speed and weight on bit) at specified intervals
for the respective “bitruns” or applied drilling depth inter-
vals. This mode may facilitate simultaneous comparison of
the model results (e.g. calculated data) to measured data,
such as ROP, mechanical specific energy (MSE), measured
downhole vibrations, and other direct or derived measured
field data. Regardless, the process ends at block 220.

Beneficially, the modeling of the BHA design configura-
tions may enhance drilling operations by providing a BHA
more suitable to the drilling environment. For example, if
one of the BHA design configurations is based on drilling
equipment utilized in a certain field, then other designs may
be modeled and directly compared with the previously
utilized BHA design configuration. That is, one of the BHA
design configurations may be used as a benchmark for
comparing the vibration tendencies of other BHA design
configurations. In this manner, the BHA design configura-
tions may be simultaneously compared to determine a BHA
design configuration that reduces the effect of limiters, such
as vibrations. For example, one of the selected design
configurations may be the baseline assembly, and results are
calculated and displayed simultaneously or concurrently for
the baseline and the selected other BHA configurations to
enable direct and immediate comparison of results. If the
modeling system can compare six different BHA design
configurations, then five proposed BHA design configura-
tions may be simultaneously compared to the benchmark
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BHA design configuration. This approach is more practical
than trying to optimize a system in the classical sense, such
as repeating the adjustments and simulations until at least
one drilling performance parameter is determined to be at an
optimum value. The relevant question to answer for the
drilling engineer relates to which configuration of BHA
components operates with the lowest vibrations over the
operating conditions for a particular drilling operation. A
preferred approach to address this design question is to
model several alternative configurations and then select the
one that performs in an optimal manner over the expected
operating range.

Exemplary BHA Dynamic Vibration Model

As an example, one exemplary embodiment of a BHA
dynamic vibration model is described below. However, it
should be noted that other BHA models, for example using
one or more of the calculation methods discussed above,
may also be used to form a comparative performance index
in a similar manner. These methods may include but are not
limited to two-dimensional or three-dimensional finite ele-
ment modeling methods. For example, calculating the
results for one or more design configurations may include
generating a mathematical model for each design configu-
ration; calculating the results of the mathematical model for
specified operating parameters and boundary conditions;
identifying the displacements, tilt angle (first spatial deriva-
tive of displacement), bending moment (calculated from the
second spatial derivative of displacement), and beam shear
force (calculated from the third spatial derivative of dis-
placement) from the results of the mathematical model; and
determining state vectors and matrices from the identified
outputs of the mathematical model. In more complex mod-
els, these state vectors may be assigned at specific reference
nodes, for example at the neutral axis of the BHA cross-
section, distributed on the cross-section and along the length
of the BHA, or at other convenient reference locations. As
such, the state vector response data, calculated from the
finite element model results, may then be used to calculate
performance indices to evaluate BHA designs and to com-
pare with alternative BHA configurations, as described
herein.

The BHA model described herein is a lumped parameter
model, which is one embodiment of a mathematical model,
implemented within the framework of state vectors and
transfer function matrices. The state vector represents a
complete description of the BHA system response at any
given position in the BHA model, which is usually defined
relative to the location of the bit. The transfer function
matrix relates the value of the state vector at one location
with the value of the state vector at some other location. The
total system state includes a static solution plus a dynamic
perturbation about the static state. The linear nature of the
model for small dynamic perturbations facilitates static
versus dynamic decomposition of the system. The dynamic
model is one variety in the class of forced frequency
response models, with specific matrices and boundary con-
ditions as described below.

Transfer function matrices may be multiplied to deter-
mine the response across a series of elements in the model.
Thus, a single transfer function can be used to describe the
dynamic response between any two points. A lumped param-
eter model yields an approximation to the response of a
continuous system. Discrete point masses in the BHA model
are connected by massless springs to other BHA model mass
elements and, in one variation, to the wellbore at points of
contact by springs and, optionally, damper elements. The
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masses are free to move laterally within the constraints of
the applied loads, including gravity.
Matrix and State Vector Formulation

For lateral motion in a plane, the state vector includes the
lateral and angular deflections, as well as the beam bending
moment and shear load. The state vector u is extended by a
unity constant to allow the matrix equations to include a
constant term in each equation that is represented. The state
vector U may then be written as equation (el) as follows:

(eD)

- < R oo«

Where vy is lateral deflection of the beam from the centerline
of the assembly, 0 is the angular deflection or first spatial
derivative of the displacement, M is the bending moment
that is calculated from the second spatial derivative of the
displacement, and V is the shear load of the beam that is
calculated from the third spatial derivative of the displace-
ment. For a three-dimensional model, the state vector
defined by equation (el)) may be augmented by additional
states to represent the displacements and derivatives at
additional nodes. The interactions between the motions at
each node may in the general case include coupled terms.

By linearity, the total response may be decomposed into
a static component u* and a dynamic component u? (e.g.
u=u'+u).

In the forced frequency response method, the system is
assumed to oscillate at the frequency o of the forced input,
which is a characteristic of linear systems. Then, time and
space separate in the dynamic response and using superpo-
sition the total displacement of the beam at any axial point
x for any time t may be expressed by the equation (e2):

u(x, D=1 (x)+2 (X)sin(wr) (e2)

State vectors v, (for element index i ranging from 1 to N)
may be used to represent the state of each mass element, and
the state vector U, is used to designate the state at the bit.
Transfer function matrices are used to relate the state vector
u, of one mass element to the state u,_, of the preceding mass
element. If there is no damping in the model, then the state
vectors are real-valued. However, damping may be intro-
duced and then the state vectors may be complex-valued,
with no loss of generality.

Because state vectors are used to represent the masses,
each mass may be assumed to have an associated spring
connecting it to the preceding mass in the model. With the
notation M, denoting a mass transfer matrix, and a beam
bending element transfer matrix represented by B,, the
combined transfer function T, is shown by the equation (e3)
below.

T=MB, )

Numerical subscripts are used to specify each mass-beam

element pair. For example, the state vector u, may be

calculated from the state u, represented by the equation (e4).
u =M B uo=Tuq and thus u,=Tu; | (e4)

These matrices can be cascaded to proceed up the BHA to
successive locations. For example, the state vector u, may be
represented by the equation (e5).

uy=Tou, =TT g

(e3)
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while continuing up to a contact point, the state vector u,,
may be represented by equation (e6).

(e6)
Accordingly, within an interval between contact points,
the state u; at any mass element can be written in terms of
any state below that element v, using a cascaded matrix S,
times the appropriate state vector by the equation (e7):

un=Tntin =TTy - - - Titlo

u=Syu; where for i<, S;=TT; ... Ty (e7)

Consideration of the state vector solution at the contact
points will be discussed below.
Formulation of Mass Matrices

The mass transfer function matrix for the static problem
is derived from the balance of forces acting on a mass
element m. Generally, each component of the BHA is
subdivided into small elements, and this lumped mass ele-
ment is subjected to beam shear loads, gravitational loading
(assuming inclination angle ¢), wellbore contact with a
stiffness k, and damping force with coefficient b. The general
force balance for the element may be written as equation
(e8) using the “dot” and “double dot” notations to represent
the first and second time derivatives, or velocity and accel-
eration, respectively.

M=V, ,mg sin ¢-ky-by=0 (e8)

The lumped mass element transfer function matrix under
static loading includes the lateral component of gravity (mg
sin ¢) and either a contact spring force or, alternatively, a
constraint applied in the solution process, in which case the
value of k is zero. In the static case, the time derivatives are
zero, and thus inertial and damping forces are absent. The
static mass matrix may be written as the following equation

(e9).

1000 0 e9)
0100 0
Mg=[{0 010 0
k 0 0 1 (mgsiné¢)
0000 1

In lateral dynamic bending, the forces applied to the mass
consist of the beam shear forces, wellbore contact, and
damping loads. Again, the wellbore contact may be either
the result of a spring force or an applied constraint relation.
However, because the dynamic perturbation about the static
state is sought (using the principle of linear superposition),
the gravitational force is absent from the dynamic mass
matrix.

In the dynamic example, the applied loads may be unbal-
anced, leading to an acceleration of the mass element. The
mass times lateral acceleration equals the force balance of
the net shear load, spring contact, and damping forces,
resulting in the equation (el0).

my=V=V;_—ky-by

Assuming a complex harmonic forced response y?~e/®,
where j represents the imaginary number equal to V=T, the
solution to equation (el10) may be found in equation (ell).

(e10)

V=V, +(ktjbo-ma?)” (el1)

The lumped mass element transfer function matrix Mg,
for the lateral bending mode dynamic perturbation, is then
written by the following equation (el2).
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1 0000 (el2)
0 1000
Mg = 0 0100
(k+ jbw—-mw? 0 010
0 0001

The mass matrix in the drill collar dynamic whirl model
involves a constant-magnitude force which resembles the
gravitational force in the static mass matrix. It is assumed
that each drill collar has a slightly unbalanced mass, gen-
erating a centrifugal force proportional to this unbalanced
mass times the square of the rotational frequency. For a
small value e which represents the dimensionless off-axis
distance of the unbalanced mass, the equation of motion for
forced response is given by equation (el3).

my=V-V,_+emw’~ky-by (e13)

The radial displacement does not change with time for
this simplified whirl mode example, and thus the accelera-
tion and velocity may be set to zero. This represents a steady
rotational motion, not unlike a rotating gravitational load, in
contrast to the lateral bending mode in which the displace-
ment oscillates through a zero value. The resulting whirl
matrix is represented in equation (el4).

1000 0 (el4)
0100 0

My=|0010 0
k001 (emwh)
0000 1

The value € may take either positive or negative signs in
order to represent the shape of the whirl response being
modeled. The first whirl mode is generally represented by
alternating signs on successive intervals of drill collars as
one proceeds up the borehole.

The lumped parameter mass m is defined as the mass of
the element piece of the respective BHA component. In
addition, the mass of the drill collar or pipe is effectively
increased by the drilling fluid contained within the collar and
that which is entrained by the BHA element as it vibrates.
The technique of “added mass” may be used to approximate
this phenomenon. For this purpose, a crude approximation is
to increase the dynamic collar mass by 10%, leading to a
slight reduction in natural frequency. Note that it is not
appropriate to apply the added mass to the static solution. As
noted above, depending on the solution method, the spring
constant may be omitted if the solution is to apply a
constraint relationship such that the BHA model is not
permitted to extend outside the wellbore by more than a very
small amount.

If the constraint model is not used, then the contact
stiffness k in the above relations should be included explic-
itly. In this example, a factor to be considered in the choice
of wellbore contact stiffness k when modeling dynamic
excitation is that the value of'k should be chosen sufficiently
high for the mass m such that the natural frequency Vk/m is
greater than the maximum excitation frequency w to be
evaluated, so that resonance due to this contact representa-
tion is avoided. Thus, for an excitation mode of n times the
rotary speed, the contact stiffness k may be greater than
m(nm)® (e.g. k>m(nm)?).
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Alternatively, and in the preferred embodiment, compli-
ance at the points of contact between BHA and wellbore may
be neglected and a fixed constraint relationship applied in
the solution method, with k=0 in the matrices above. This
approach is described further below.

Formulation of Stiffness Matrix

The Euler-Bernoulli beam bending equation for a uniform
beam with constant Young’s modulus E, bending moment of
inertia 1, and axial loading P may be written as the fourth-
order partial differential equation (el5).

Py Py B (el5)

El— -P— =0
axt dx?

The characteristic equation for the general solution is
represented by equation (el6)

y=ef* (el6)

This equation expresses the lateral displacement as the
exponential power of a parameter [ times the distance x
from a reference point, in which the term f is to be found by
replacing this solution in equation (el5) and solving with
equations (el7) and (el8) below.

(el7)

(el8)

Note that p is either real (beam in tension), imaginary
(beam in compression), or 0 (no axial loading). The appro-
priate particular solution is a constant plus linear term in x.
Thus, the displacement of an axially loaded beam may be
represented by the equation (el9).

y=a+bx+ce®+de P* (e19)

where the constants a, b, ¢, and d are to found by satistying
the boundary conditions.

The remaining components of the state vector are deter-
mined by the following equations in the spatial derivatives
of lateral displacement with the axial coordinate x (e20).

dy 3y Py (e20)

0=a M=EIW V=—EIW

The resulting beam bending stiffness transfer function
matrix B may be represented by the following equation
(e21).

L -2+ &Pl 4 el 2BL - Pt 4+ 7Pt (e21)
2R2El 2PEl
Pl _ e FL 2Pl g P
01 0
2PE] 2R2El
B= Pl e Pl —efly e Pt
o (= e
—pefl + pe Pl Ly e Pt
S B G B
00 0 0 1
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Boundary Conditions and System Excitation

With the mass and beam element transfer functions
defined, the boundary conditions and system excitation are
determined to generate model predictions. Separate bound-
ary conditions are used to model the static bending, dynamic
lateral bending, and eccentric whirl problems.

In each of these examples, the solution proceeds from the
bit to the first stabilizer, then from the first stabilizer to the
second stabilizer, and so on, proceeding uphole one solution
interval at a time (e.g. from the bit as the starting interval).
Finally, the interval from the top stabilizer to the end point
is solved. The end point is the upper node of the BHA model,
and it may be varied to consider different possible nodal
points at the “end-length.” An appropriate lateral displace-
ment for this end point is assumed in the static model, based
on the amount of clearance between the pipe and the
wellbore.

In this method, the states in each solution interval are
determined by three conditions at the lower element (bit or
bottom stabilizer in the interval), and one condition at the
upper element (end point or top stabilizer in the interval).
With these four conditions and the overall matrix transfer
function from the lower to the upper element, the remaining
unknown states at the lower element may be calculated.

Beginning at the bit, the displacement of the first stabilizer
is used to determine the bit state, and thus all states up to the
first stabilizer are determined using the appropriate transfer
function matrices. By continuity, the displacement, tilt, and
moment are now determined at the first stabilizer point of
contact. The beam shear load is undetermined, as this state
does not have a continuity constraint because there is an
unknown side force acting between the stabilizer and the
wellbore. The displacement of the next stabilizer is used to
provide the fourth condition necessary to obtain the solution
over the next interval, and thus the complete state at the
stabilizer is determined. The contact force between stabilizer
and wellbore may be calculated as the difference between
this state value and the prior shear load calculation from the
previous BHA section. Using the cascaded matrix formula-
tion in equation (e22).

Vi v (€22)
6; 0
V; unknown
M; [=S;| M; | with the conditions
y;j=0
v Vi
1

1

Then the unknown shear load at the lower stabilizer is
calculated using an equation (e23) to obtain zero displace-
ment at the upper position.

0=8,9+S120+S13MA+S 1,V +S) 5 (e23)

The beam shear load is discontinuous across the contact
points, and the sideforce at such a node may be calculated
as the difference between the value obtained by propagating
the states from below, V,, and the value calculated to satisfy
the constraint relation for the next segment, V,*. Therefore,
the contact sideforce may be represented by the equation
(e24).

Fvi-v, ©24)

For the static example, the tilt and sideforce are unknown
at the bit. A trial bit tilt angle is used to generate a response
and the state vectors are propagated uphole from one contact
point to the next, finally reaching the end-point. The final
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value for the bit tilt angle and sideforce are determined by
iterating until the appropriate end condition is reached at the
top of the model, for instance a condition of tangency
between the pipe and borehole wall.

For the dynamic models (flexural bending, whirl, and
twirl), a reference bit excitation sideforce is applied, e.g.
V,.=const. The first stabilizer lateral position is assumed
constrained to zero by the pinned condition. To uniquely
solve the equations from the bit up to the first stabilizer, two
more conditions are specified. One choice for the boundary
conditions is to assume that for small lateral motion, the tilt
and moment at the bit are zero. This set of boundary
conditions may be written as shown in equation (e25):

Vstar=0pi=Mp;~0 Vi ~const (e25)

An alternate set of boundary conditions may be consid-
ered by assuming that the tilt angle at the first stabilizer is
zero, equivalent to a cantilevered condition, and that there is
no moment at the bit. This alternate set of boundary condi-
tions may be written shown in equation (e26):

Vstar=Ostar=Mp;~0 Viy;~const (e26)

The solution marches uphole one stabilizer at a time,
terminating at the last node which is arbitrarily chosen but
located at different “end-lengths™ in the dynamic case. By
selecting different end-lengths and RMS-averaging the
results, performance indices may be formed that are robust.
To guard against strong resonance at an individual nodal
point, the maximum result is also examined. These tech-
niques were required for the early model that used the
end-point curvature index described below, as these results
were found to be sensitive to the selection of the nodal point
location. It may be noted that the new BHA performance
indices are less sensitive to the end condition of the BHA
and thus may be preferred. It should further be noted that
BHA contact with the borehole at locations between stabi-
lizers may optionally be treated as a nodal point in this
analysis method, and the solution propagation modified
accordingly.

BHA Performance Indices

The vectors of state variables described above may be
utilized to provide various indices that are utilized to char-
acterize the BHA vibration performance of different BHA
design configurations. While it should be appreciated that
other combinations of state variables and quantities derived
from the fundamental state variables may also be utilized,
the end-point curvature index, BHA strain energy index,
average transmitted strain energy index, transmitted strain
energy index, RMS BHA sideforce index, RMS BHA torque
index, total BHA sideforce index, and total BHA torque
index are discussed further below.

The BHA design configuration includes components from
a lower section at the bit through most or all of the drill
collars, and an upper section which is the last component in
the BHA design configuration and is generally the heavy-
weight drill pipe. Various nodes N may be used in the model
of'the BHA design configuration with node 1 being at the bit.
The first element in the upper section has the index “U”, and
the last element in the lower section has index “L,” i.e.
U=L+1. Furthermore, there are “C” contact points with
contact forces “F;” where the index j ranges over the BHA
elements that are in contact with the wellbore. From these
dynamic states, various indices may be calculated. For
instance, the end-point curvature index may be represented
by equation (e27), which is noted below.
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i = o My (€27
(EDy

Where Pl is a performance index, M, is the bending moment
at the last element in the model, (EI),, is the bending stiffness
of this element, and «. is a constant. It should be noted that
the & may be 7.33x10° or other suitable constant.
Similarly, the BHA strain energy index may be repre-
sented by the equation (e28), which is noted below:

Iy (e28)

2(ED),

L
2
Pl=—
L

i=1

Where the summation is taken over the L elements in the
lower portion of the BHA, and the index i refers to each of
these elements.

The average transmitted strain energy index may be
represented by the equation (e29), which is as follows:

a2 (e29)

2(ED),

N
101—71
T(N-U+1)
i=U

Where N is the total number of elements and U is the first
element of the upper part of the BHA (usually the heavy-
weight drillpipe), and the summation is taken over this upper
BHA portion.

With the observation that the transmitted bending
moments appear sinusoidal and somewhat independent of
end-length in this uniform interval of pipe (e.g. M~M,, sin
kx), the transmitted strain energy index may be expressed
more simply in equation (e30) as follows:

(e30)
i=U
16(ED)y

N N 2
(max(M;) —f_{lin(Mi)]
proyzv BV T

Where the maximum and minimum bending moments in the
upper portion of the BHA are averaged and then used as a
proxy for the amplitude of the disturbance. This transmitted
strain energy index varies less with the end-length and is
thus more computationally efficient than the end-point cur-
vature index given by (e27), although they both measure the
amount of energy being imparted to the drillstring above the
BHA proper.

Further, the RMS BHA sideforce index and total BHA
sideforce index may be represented by the equations (e31)
and (e32), respectively, which are provided below:

1 (e31)

c (e32)

Where the contact force F; is calculated for each of the C
contact points from the constraints and solution propagation
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as discussed above, and the summation is taken over the
contact forces at these locations using the contact point
index j.

The dynamic sideforce values may be converted to cor-
responding dynamic torque values using the applied moment
arm (radius to contact point r,) and the appropriate coeffi-
cient of friction at each respective point p,. Summing again
over the elements in contact with the borehole, the RMS
BHA torque index and total BHA torque index may be
represented by the equations (e33) and (e34), respectively,
which are provided below:

1c¢ »
Pr= | L WiriFy
F=i

C
PI=)" |ujriF)l
=

(e33)

(e34)

This modified index accounts for the dynamic torsional
effects of the potentially large dynamic sideforces, providing
a lower index value for improvements, such as reduced
friction coefficients and use of roller reamers, which are
known to provide lower vibrations in the field.

The RMS sideforce and torque index values present an
average value of this source of dynamic resistance, whereas
the total sideforce and torque index values represent the
summation of this resistance over each of the BHA contact
points. Both may provide useful diagnostic information. In
the preferred embodiment, the RMS BHA sideforce index
provides an average stabilizer reaction force, and the total
BHA torque index shows the combined rotational resistance
of all contact points, taking into account the diameter of the
parts in contact with the wellbore and the respective coef-
ficient of friction. This index provides valuable information
to assist in design mitigation of stick-slip torsional vibra-
tions.

In the preferred embodiment of the method, the perfor-
mance indices or indexes are calculated a number of times
for each rotary speed and bit weight for each design con-
figuration. The different excitation modes in the flexural
bending mode are represented by different frequencies of the
applied force at the bit. Because the nodal point at the top of
the BHA is not known, dynamic results are calculated for a
variety of nodal point “end-lengths” for both the flexural
bending and twirl modes. These iterations yield multiple
performance index values for each rotary speed and bit
weight, and it is appropriate to reduce these different values
to an RMS average value and a maximum value to simplify
the analysis and display of these results.

The RMS average of a performance index is defined by
equation (e35):

m n (e35)
X X (PDE

1
Pr=_|—
mnizy j=1

wherein PI' is the RMS average of the desired performance
index and (PI),, is one of the indices defined in equations
(e27), (e28), (€29), (€30), (e31), (e32), (¢33), or (e34) for the
i of the m modes and j* of the n BHA end-lengths in the
model.
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The maximum of a performance index is defined by
equation (e36):

L. (e36)
Pr _r&alx{r?:alx(Pl)‘-j}

wherein PI' is the maximum value of the desired perfor-
mance index and (PI), is one of the indices defined in
equations (e27), (e28), (e29), (e30), (e31), (e32), (e33), or
(e34) for the i” of the m modes and j” of the n BHA
end-lengths in the model.

EXEMPLARY EMBODIMENT

As exemplary embodiment, the methods described above
may be implemented in a modeling system, as shown in FI1G.
3. FIG. 3 is an exemplary embodiment of a modeling system
300 having different elements and components that are
utilized to model, calculate and display the results of the
calculations (e.g. simulated results of calculated data in
graphical or textual form) of the BHA design configurations.
The modeling system 300 may include a computer system
302 that has a processor 304, data communication module
306, monitor or display unit 308 and one or more modeling
programs 310 (e.g. routines, applications or set of computer
readable instructions) and data 312 stored in memory 314 in
files or other storage structures. The computer system 302
may be a conventional system that also includes a keyboard,
mouse and other user interfaces for interacting with a user.
The modeling programs 310 may include the code config-
ured to perform the methods described above, while the data
312 may include measured data, results, calculated data,
operating parameters, BHA design parameters, and/or other
information utilized in the methods described above. Of
course, the memory 314 may be any conventional type of
computer readable storage used for storing applications,
which may include hard disk drives, floppy disks, CD-
ROMs and other optical media, magnetic tape, and the like.

Because the computer system 302 may communicate with
other devices, such as client devices 316a-316x, the data
communication module 306 may be configured to interact
with other devices over a network 318. For example, the
client devices 316a-3162 may include computer systems or
other processor based devices that exchange data, such as
the modeling program 310 and the data 312, with computer
system 302. In particular, the client devices 316a-316» may
be associated with drilling equipment at a well location or
may be located within an office building and utilized to
model BHA design configurations. As these devices may be
located in different geographic locations, such as different
offices, buildings, cities, or countries, a network 318 may be
utilized to provide the communication between different
geographical locations. The network 318, which may
include different network devices, such as routers, switches,
bridges, for example, may include one or more local area
networks, wide area networks, server area networks, met-
ropolitan area networks, or combination of these different
types of networks. The connectivity and use of the network
318 by the devices in the modeling system 300 is understood
by those skilled in the art.

To utilize the modeling system, a user may interact with
the modeling program 310 via graphical user interfaces
(GUIs), which are described in various screen views in
FIGS. 4, 5A-5D, 6 A-61, 7A-7B, 8A-8E, and 9A-9D. Via the
screen views or through direct interaction, a user may launch
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the modeling program to perform the methods described
above. For example, model results may be generated for
various BHA design configurations and specific operating
conditions, such as the sample output in these figures. The
results may be graphically tabulated or displayed simulta-
neously for direct comparison of different BHA design
configurations. Accordingly, FIGS. 4, 5A-5D, 6A-6l,
7A-7B, 8A-8E, and 9A-9D are exemplary screen views of a
modeling program in accordance with some aspects of the
present techniques. As the screen views are associated with
modeling system 300, FIGS. 4, 5A-5D, 6A-61, 7A-7B,
8A-8E, and 9A-9D may be best understood by concurrently
viewing FIG. 3 and other FIGS. 4, 5A-5D, 6A-61, 7A-7B,
8A-8E, and 9A-9D Further, it should be noted that the
various menu bars, virtual buttons and virtual slider bars,
which may operate in similar manners, may utilize the same
reference numerals in the different screen views for sim-
plicity in the discussion below.

In FIG. 4, a screen view 400 of the startup image for the
modeling program is shown. In this screen view 400, a first
virtual button 402 and a second virtual button 404 are
presented along with menu options in a menu bar 406. The
first virtual button 402, which is labeled “Design Mode,” is
selected for the user to operate the modeling program 310 to
model various BHA design configurations. In typical appli-
cations, design mode is used to compare alternative BHA
design configurations so that the optimal BHA design con-
figuration may be used for the drilling process. The screen
views associated with the design mode are presented in
FIGS. 4, 5A-5D, 6A-61, 7A-7B, and 8A-8E. The second
virtual button 404, which is labeled “Log Mode,” may be
selected to operate the modeling program 310 in a log mode
that compares the measured data from a BHA design con-
figuration to various modeled BHA design configurations,
which may operate under similar operating conditions (e.g.
operating parameters). In log mode, the results of measured
data from one or more drilling intervals are presented
alongside the model predictions to evaluate the indices
relative to the actual data. The screen views specific to the
log mode are presented in FIGS. 9A-9D. The menu options
in the menu bar 406 may include an “Open/Change Project”
option to select an existing BHA design configuration or a
“New Project” option that may initialize a new BHA design
configuration, which may be in English or metric units as
indicated in the submenu.

If the design mode is selected, a screen view 500 of a
blank panel is presented, as shown in FIG. SA. The menu
tabs in the menu bar 502 are a typical “File” menu tab to
enable printing, print setup, and exit commands, and a
configuration menu tab labeled “Config,” The configuration
menu tab invokes the configuration panel as shown in FIG.
5B. The menu bar 502 may also include one or more Design
Mode processes, e.g. “BHA,” “Static States,” “Index 2D,”
“Index 3D,” “Flex Dynamics,” “Twirl Dynamics,” and
“Help.” These different process menu items are explained in
more detail below, but the processing concept is to apply
each of these methods to the selected BHA designs for which
the check boxes 507a-507f are selected. Each process
enables the screen controls and display data as required for
the process to execute, in this sense the screen may be
considered to be “context sensitive.”

Also, virtual buttons 506a-506f may be utilized to access
and modify the different BHA design configurations. In this
example, two BHA design configurations, which are “A”
associated with virtual button 506a and “B” associated with
virtual button 5065, are configured, while virtual buttons
506¢-506f do not have BHA design configurations associ-
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ated with them. Further, the virtual check boxes 507a-507f
next to the names of the BHA design configurations may be
used to include specific BHA design configurations as part
of the process calculations to compare the BHA design
configurations. As indicated in this example, the BHA
design configuration “A,” which may be referred to as BHA
design configuration A, and BHA design configuration “B,”
which may be referred to as BHA design configuration B,
are to be compared in the different screen views provided
below.

As shown in FIG. 5B, if the “Config” menu tab is selected
from the menu bar 502, screen view 510 may be presented
to define the relevant operating parameters for the modeling
process, as described below. In screen view 510, menu tabs
in the menu bar 512 may be utilized to adjust the default
pipe, stabilizer, and material properties for inserting new
BHA components in the BHA design panel. The menu bar
512 may include a file menu tab (labeled “File”), a refresh
menu tab (labeled “refresh”), and a defaults menu tab
(labeled “defaults™), which may include various submenus
for different types of pipes, stabilizers and materials. In
particular, for this exemplary screen view 510, various
values of the BHA design and operating parameters are
presented and may be modified in the text boxes 514. The
text boxes 514 include nominal hole diameter in inches (in);
hole inclination in degrees (deg); fluid density in pounds per
gallon (ppg); WOB range in kilo-pounds (klb); rotary speed
range in RPM; excitation mode range; static end-point
boundary condition (e.g. offset or centered); boundary con-
dition at the bit for flexural dynamic bending; stabilizer
model (pinned or fixed); the number of end lengths; and the
end-length increment in feet (ft). For projects that are
specified in metric units, the corresponding metric units may
be used.

In an alternative embodiment, the configuration file may
supplement the inclination angle with the rate of change of
inclination angle for curved wellbores. More generally, for
three-dimensional models, the rate of change of azimuth
angle may also be included. Furthermore, a wellbore survey
file may be identified and read by the program to provide
input data to model a specific drilling application.

The description for each of the BHA design configura-
tions may be presented from the BHA design tabs 506a-506f
in FIG. 5A. As one example, FIG. 5C is an exemplary screen
view 520 of a configuration panel for describing the BHA
design configuration A, which is accessed by selecting the
BHA design tab 506a. The screen view 520 includes the
different control boxes 521 for the specific BHA design
configuration, such as BHA design configuration name of
“A,” a designated color of “dark gray,” a linestyle of “solid,”
and line width as “2.” In addition, an additional text box 522
may be utilized for additional information, such as “building
bha.” The BHA design menu bar 512 has a “bha i/0” menu
option to facilitate import and export of bha model descrip-
tions, a “defaults” menu for the local selection of default
pipe, stabilizer, and material properties, an “add.comp”
menu to append multiple elements to the top of the model
description, and a “view” menu option to enable scrolling
the display to access BHA components not visible in the
current window.

The virtual buttons 526, 527 and 528, along with edit
boxes 529 provide mechanisms to modify the layout of the
BHA assembly for a specific BHA design configuration. The
components and equipment may be inserted and deleted
from the selected BHA layout by pressing the corresponding
virtual buttons, which are an insert virtual button 526 labeled
“ins” and a delete virtual button 527 labeled “del.” The
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virtual buttons 528 indicate the element index number and
whether an element is a pipe or stabilizer element, which
may be indicated by colors (e.g. light or dark gray) or by text
(e.g. stab or pipe). Pressing one of the virtual buttons 528
toggles an element from a pipe to a stabilizer, or vice versa.
The currently selected default pipe or stabilizer type is set
for the new toggled element. Edit boxes 529 are initialized
to the label of the respective input data table that is read from
a file, such as a Microsoft Excel™ file, or may be modified
by entering data directly into the text box. By typing over the
edit boxes 529, the list may be customized by the user.
Right-clicking on one of the edit boxes 529 brings up a
popup menu to select any of the pre-existing elements of that
type, after which the values for OD, 1D, and other param-
eters may be pre-populated. Any of the edit boxes 529 may
then be modified after being initialized in this way to provide
full customization of BHA components.

In addition to specifying the layout of the BHA design
configuration, the screen view 520 includes material infor-
mation for each component in a BHA design configuration,
as shown in the text boxes 524. In this specific example, the
text boxes 524 include the outer diameter (OD), inner
diameter (ID), length (len), total length (totlen), moment of
inertia (mom.iner), air weight (wt), total air weight (totwt),
neck length (neck.len), blade length (blade.len), pin length
(pin.length), stabilizer blade undergauge clearance (blade/
ug), percent blade open area (openarea), blade friction
coefficient for calculating torque from contact sideforce
(bladefric), and material (matl). The total length, total
weight, and moment of inertia are calculated by the mod-
eling program and not the user, whereas the other text boxes
524 may be edited by the user. Further, to model unusual
components, it may be possible to overwrite the calculated
weight value for a given component. For example, if the
total weight of the component is known, then it can be
entered into the respective text box 524 directly to replace
the value in the BHA design configuration. The modeling
program may adjust the density of the material to match the
value entered by a user based on the OD, ID and overall
length of the component. This aspect may be useful when
matching the stiffness and mass values for components that
may only be approximated because of certain geometrical
factors (e.g., an under-reamer with cutting structure located
above a bull nose). That is, both inertia and stiffness values
may be matched even though the geometry may not be well
represented by a simple cylindrical object. In this way, an
equivalent cylindrical section may be generated to approxi-
mate the dynamic characteristics of the actual drilling com-
ponent.

The modeling program may include various limitations
on the specific component positioning in the BHA layout.
For example, the BHA assemblies may have to begin with
a drill bit element and end with a pipe section. Similarly,
stabilizers may not be allowed to be the top component of
the BHA layout.

As another example, FIG. 5D is an exemplary screen view
530 of a configuration panel for describing the BHA design
configuration B, which is accessed by selecting the BHA
design tab 5065. The screen view 530 includes different
control boxes 531, such as the specific BHA design con-
figuration name of “B,” a designated color of “light gray,” a
linestyle of “dash,” and a linewidth of “B.” In addition, a
descriptive comment may be provided in text box 532. The
screen view 530 includes the same virtual buttons 526 and
527 as FIG. 5D, in addition to virtual boxes 538 and text
boxes 534 and 539, which are specific to define the BHA
design configuration B. In this specific example, the differ-
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ence between A and B is the near-bit stabilizer in BHA
design configuration A. This component tends to build
wellbore inclination angle for the BHA design configuration
A, whereas the absence of this component tends to drop
angle for the BHA design configuration B, as described in
more detail below. Once the parameters and layout are
specified for the BHA design configurations, the BHA
design configurations can be verified by the user by viewing
graphical or textual displays of the BHA design configura-
tion, as seen in FIGS. 6A and 6B.

FIG. 6A is a screen view 600 of graphical displays 602
and 604 of the different BHA design configurations that is
obtained by selecting the “BHA—Draw” menu 503. In this
screen view 600, the BHA design configuration A and BHA
design configuration B, which are accessed by selecting the
BHA design tabs 506a-5065, are indicated as being graphi-
cally displayed by the indications in the virtual check boxes
507a and 507b. In particular, the graphical display 602 is
associated with the BHA design configuration A and the
graphical display 604 is associated with the BHA design
configuration B. These graphical displays 602 and 604
represent the layout of the components of the respective
designs.

In FIG. 6A, the virtual slider bars 605-607 may be utilized
to adjust the view along various lengths of the BHA design
configurations. In the present embodiment, virtual slider
bars are shown as three separate slider elements, one to
control the left or top edge of the window, one to control the
right or bottom edge of the window, and a center slider
element to allow the current window of fixed aperture to be
moved along the respective dataset axes. Other slider bars
are possible without deviating from this data processing
functionality.

To proceed to the static calculations, the “Static States—
Draw” menu tab 504 is selected from the menu bar 502. In
FIG. 6B, screen view 610 may include graphical displays
612 and 614 of the different BHA design configurations. The
graphical displays 612 and 614 present the static deflections
experienced by the BHA design configurations due to axial
loading and gravity. In this screen view 610, the graphical
display 612 is associated with the BHA design configuration
A and the graphical display 614 is associated with the BHA
design configuration B. These graphical displays 612 and
614 illustrate the BHA lying on the low-side of the borehole,
with the bit at the left end of the assembly. The virtual slider
bars 605-607 and the BHA design tabs 506a-5065 along
with the virtual check boxes 5074 and 5075 may operate as
discussed above in FIG. 6A. In addition, the virtual slider
bars 616 and 618 may be utilized to adjust the WOB and
inclination angle. In the present embodiment, when virtual
slider bars 616, 618, and other similar components are
adjusted, the corresponding values displayed in the “Config”
panel of FIG. 5B are updated to synchronize various com-
ponents of the modeling program that utilize the same
dataset values. After being modified, other calculations of
results and images use the updated values that have been
selected.

From the static states menu tab, the menu option labeled
“States” may be selected from the menu bar 504 to provide
the screen view 620 of FIG. 6C. In FIG. 6C, the screen view
620 presents the state values corresponding to the static
model results of the BHA design configurations A and B
corresponding to the deflections indicated in FIG. 6B. In
particular, the graphical displays are the displacement dis-
play 622, a tilt angle display 623, a bending moment display
624, and a shear force display 625. The displays 622-625
present the BHA design configuration A as a solid line, while
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the BHA design configuration B is presented as a thicker
dashed line. The BHA design configurations in the displays
622-625 are measured in inches (in) for displacement,
degrees (deg) for tilt angle, foot-pounds (ft-1b) for bending
moment, and pounds (Ib) for shear force, and these values
are plotted as a function of distance from the drill bit in feet
(ft). If the modeling program units are specified in metric or
other units, these values may be displayed in the respective
units. The three vertical slider bars 626, 627, and 628 are
used to zoom in to a specific range along the vertical axes of
the graphs, with all four graphs being updated simultane-
ously as the sliders are adjusted.

In this example, the static sideforce values at the bit
(distance to bit equals zero) are useful values. For instance,
the BHA design configuration B has a small negative bit
sideforce, which tends to drop the inclination angle, and the
BHA design configuration A has a larger positive value,
which tends to build the inclination angle. As WOB and
inclination angle are varied, the updated values are presented
and may be repeated by reselecting the desired action.
Because the computations may take a specific amount of
time to process and it may be necessary to change several
parameters prior to requesting an update, the variation of
input parameters in the modeling program may not result in
recalculation of the results present on the screen without a
user request. This provides the user with more control over
the data presented. However, variations from this protocol
are contemplated within the scope of the invention.

As may be appreciated, the above described static results
are useful in determining if the BHA design configurations
have the appropriate static values prior to proceeding into
the dynamic analysis. For instance, the static results may
indicate that the sideforce at the drill bit has a negative value,
which is useful information for vertical wells. If the negative
sideforce value is a “reasonable” value (e.g. several hundred
to a thousand pounds for larger drill collars), the drilling
operations utilizing the BHA design configuration may tend
to reduce any increase in the wellbore or hole angle. This
provides a stable BHA with a restoring force to preserve the
vertical angle in the hole. However, if the sideforce value is
increasingly positive for greater inclination angles, then the
BHA may have a tendency to build angle. More generally,
relationships have been derived in the industry between the
BHA tendency to build or drop inclination angle and the
states at the bit, namely the bit sideforce and tilt angle
relative to the borehole centerline.

In addition to the static calculations and analysis, dynamic
calculations may also be performed. For instance, two types
of dynamic calculations may be referred to as the “flex”
mode for flexural dynamic bending in the lateral plane and
the “twirl” mode for whirling motion resulting from eccen-
tric mass effects, as described in more detail above. These
different dynamic calculations may be options provided on
the menu bar 502 that can be invoked with the “Flex
Dynamics” and “Twirl Dynamics” menu tabs, respectively.

As an example, FIG. 6D is an exemplary screen view 630
of graphical displays 631-634 based on the flex lateral
bending mode calculations in the flex dynamics mode.
Screen view 630 is obtained by selecting “Flex Dynamics—
Flex States” from the menu 502. These graphical displays
are a displacement display 631, a tilt angle display 632, a
bending moment display 633, and a shear force display 634.
The displays 631-634 present the BHA design configuration
A as a solid line, while the BHA design configuration B is
presented as a thicker dashed line. The BHA design con-
figurations in the displays 631-634 are calculated in inches
(in) for displacement, degrees (deg) for ftilt angle, foot-

20

25

40

45

26

pounds (fi-Ib) for bending moment, and pounds (Ib) for
shear force verses distance from the drill bit in feet (ft).
However, the units are not displayed because these values
are calculated for an arbitrary reference excitation input and
are relative values in this sense.

More generally, the absolute values and corresponding
units in the dynamic modes are not of significance because
the objective of these calculations is to determine the
relative quantitative values comparing two or more BHA
designs. Thus, for the same excitation input, the relative
response is to be determined for each BHA design configu-
ration. In FIG. 6D, the dashed lines respond with higher
amplitude than the solid line, and thus, for these conditions
(e.g. 12 degrees of angle, 20 klb WOB, 100 RPM, and an
excitation mode of one times the rotary speed), the BHA
design configuration B has a tendency to vibrate more than
the BHA design configuration A.

To adjust the displays 631-634, virtual slider bars, such as
hole inclination slider bar 616, WOB slider bar 618, RPM
slider bar 636, and excitation mode slider bar 637, may be
utilized to adjust the operating parameters for the flex mode
dynamic state calculations. For instance, as shown in FIG.
6D, the parameter values for the slider bars 616, 618, 636
and 637 are indicated by the values associated with the
respective slider bars 616, 618, 636 and 637 (e.g. angle is
12°, WOB is 20 klbs, RPM is 100, and Mode is 1). The state
vector responses (e.g. the lines on the graphical displays
631-634) are calculated for this set of operating parameters.
Accordingly, if a comparative analysis for a different set of
parameter values is desired, the slider bars 616, 618, 636 and
637 are used to adjust the parameters to another set of values
to be modeled. The state vector responses may be recalcu-
lated and displayed for all the selected BHA design con-
figurations.

In addition to the 2-dimensional (2D) displays, the respec-
tive values or parameters may be used to generate 3-dimen-
sional (3D) displays. For example, FIG. 6E is an exemplary
screen view 640 of a 3D representation of the flex dynamics
mode calculations that is obtained by checking the “Plot 3D
option on the menu bar 502. In this screen view 640, the
graphical display 641 is of the BHA design configuration A
and the graphical display 642 is of the BHA design con-
figuration B. Each of the displays 641 and 642 present a 3D
representation of the RPM ranges from the specified mini-
mum to maximum values of parameters (e.g. angle is 12°,
WOB is 20 klbs, and excitation mode is 1). For each of these
selections, the state values plotted are selected from the list
of displacement, tilt angle, bending moment, and shear
force, selected from the menu that appears when “Flex
Dynamics—Flex by State (all BHAS)” is chosen. The state
variables are plotted versus distance from the bit, at the
specific WOB, and with varying RPM. The axes of the
displays 641 and 642 may be rotated in the same or identical
manner for proper perspective. Further, the virtual slider
bars, such as horizontal virtual slider bar 643 and vertical
virtual slider bar 644, may be utilized to rotate the images for
alternative perspectives. This is useful to visualize null
response regions for which the vibrations are predicted to be
low within an RPM range along the entire length of BHA.

FIG. 6F is an exemplary screen view 645 of a 3D contour
plot representation of the BHA design configurations in the
flex dynamics mode, obtained by checking the “Contours”
option from the flex dynamics menu option and then select-
ing the appropriate state variable to display. In this screen
view 645, the graphical display 646 is of the BHA design
configuration A and the graphical display 647 is of the BHA
design configuration B. The data utilized to provide these
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displays 646 and 647 is the same data utilized in displays
641 and 642 of FIG. 6E. In this screen view 645, the contour
shading for each of the displays 646 and 647 may be set to
be identical so that the highest values are readily apparent by
a visual inspection. The contour displays 646 and 647
present the state variable response amplitudes as a function
of distance from the drill bit in feet on the x-axis versus
rotary speed in RPM on the y-axis for the BHA design
configurations A and B at the respective parameters. Alter-
natively, the axes may be swapped if desired.

In addition to the flex dynamics mode calculations, twirl
mode calculations may also be provided to assess the
sensitivity of the BHA design configuration to eccentric
mass effects, as shown in FIGS. 6G-61. Because the twirl
calculations apply to the eccentric mass loading conditions,
which is synchronous with the rotary speed (i.e., occur only
at one times the rotary speed), the FIGS. 6G-61 do not
include excitation mode parameters (e.g. the mode slider bar
637). As one specific example of the twirl calculations, FIG.
6G is an exemplary screen view 650 of graphical displays
651-654 based on the twirl dynamics mode, obtained by
selecting the “Twirl Dynamics—Twirl States” menu tab on
the menu bar 502. In this screen view 650, the graphical
displays are a displacement display 651, a tilt angle display
652, a bending moment display 653, and a shear force
display 654. The displays 651-654 present the BHA design
configuration A as a solid line, while the BHA design
configuration B is presented as a thicker dashed line. The
discussion regarding units for FIG. 6D is similar to discus-
sion of FIG. 6G (e.g. the numerical values are meaningful on
a relative, comparison basis).

FIG. 6H is an exemplary screen view 660 of a 3D
representation of the BHA design configurations in the twirl
mode by checking the “Plot 3D menu option from the twirl
dynamics menu tab and then choosing this display. In this
screen view 660, the graphical display 661 is of the BHA
design configuration A and the graphical display 662 is of
the BHA design configuration B. Each of the displays 661
and 662 present a 3D representation of the RPM ranges from
the specified minimum to maximum values (e.g., 40 to 100
RPM) for the BHA response along the length of the assem-
bly, for the illustrated parametric values (e.g. inclination
angle is 12° and WOB is 20 klbs). Just as in the example of
FIG. 6E, the state values plotted are chosen from the list of
displacement, tilt angle, bending moment, and shear force
when the menu selection “Twirl Dynamics—Twirl by States
(all BHAS)” is chosen. The axes of the displays 661 and 662
may be rotated in the same or identical manner for proper
perspective. Further, the virtual slider bars, such as horizon-
tal virtual slider bar 643 and vertical virtual slider bar 644,
may be utilized to rotate the images in the displays 661 and
662 for alternative perspectives in a manner similar to the
discussions above of FIG. 6E.

FIG. 6l is an exemplary screen view 670 of a 3D
representation of the BHA design configurations in the twirl
dynamics mode, obtained by checking the “Contours™ tab
menu option from the twirl dynamics menu tab, selecting the
display “Twirl Dynamics—Twirl by States (all BHAS),” and
choosing the state to view. In this screen view 670, the
graphical display 671 is of the BHA design configuration A
and the graphical display 672 is of the BHA design con-
figuration B. The data utilized to provide these displays 671
and 672 is the same data utilized in displays 661 and 662 of
FIG. 6H. In this screen view 670, the contour shading is
again set to be identical so that the highest values are readily
apparent by a visual inspection. The contour displays 671
and 672 present the state variable response amplitudes as a
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function of distance from the drill bit in feet on the x-axis
versus rotary speed in RPM on the y-axis for the BHA
design configurations A and B at the illustrated parameter
values. Alternatively, the axes may be swapped if desired.

To display all states for a single BHA design configura-
tion, the menu options “Flex Dynamics—Flex by BHA (all
states)” may be selected from the menu bar 502, followed by
selection of the specific BHA from a menu list. With “Plot
3D” selected, the screen view 700 of FIG. 7A is generated
for the flex mode. Checking the “Contours” menu option and
selecting this output will generate screen view 710 of FIG.
7B. In like manner, the corresponding 3D representations for
the twirl mode may also be obtained.

In more detail, FIG. 7A is an exemplary screen view 700
of'a 3D representation of the BHA design configuration A for
the flex dynamics mode. In this screen view 700, the 3D
graphical displays are a displacement display 701, a tilt
angle display 702, a bending moment display 703, and a
shear force display 704. Each of the displays 701-704
present a 3D representation of the states as functions of RPM
and distance to the drill bit, for the respective parameter
values of hole angle, WOB, and excitation mode. Note that
the mode is not applicable to the twirl case. Accordingly, the
displays 701-704 may be utilized to locate beneficial oper-
ating regions (e.g. operating parameter settings that reduce
vibrations) for the candidate BHA design configurations and
to examine the relationships between the state variables for
a given BHA design configuration. Further, the virtual slider
bars, such as horizontal virtual slider bar 643 and vertical
virtual slider bar 644, may be utilized to rotate the images for
alternative perspectives, as described above.

FIG. 7B is an exemplary screen view 710 of a contour
map representation for the selected BHA design configura-
tion in the flex or twirl dynamics mode, as appropriate. This
display is obtained by checking the “Contours™ option on the
menu bar 502 and then selecting the appropriate menu item
for the flex and twirl modes. In this screen view 710, the 3D
graphical displays are a displacement display 711, a tilt
angle display 712, a bending moment display 713, and a
shear force display 714. Each of the displays 711-714 may
be based on the same data utilized in displays 701-704 of
FIG. 7A.

Selection of the “Index 2D” menu tab on the menu bar
502 provides the additional menu options “Flex 2D,” Twirl
2D,” and “Bharez Plot,” as illustrated in screen view 800 of
FIG. 8A. Selection of one of these menu options may cause
the information panel 810 illustrated in FIG. 8B to be
displayed while the index calculations are performed (typi-
cally no more than a few minutes). The calculations or
simulations are performed for the inclination angle and
WOB indicated, for the specified RPM range and excitation
mode range requested, for each of the selected BHA con-
figurations. After each simulation run for a given parameter
set, the results are saved in memory and may be utilized to
calculate the dynamic vibration performance or the indices
as described above. When the calculations have been com-
pleted, FIG. 8B is closed and the performance index results
for the flex mode lateral bending output is provided by
default, as seen in display 820 of FIG. 8C. The menu options
of “Flex 2D and “Twirl 2D” may be subsequently used to
display these results, and the “Bharez Plot” menu option
may be used to display only the end-point curvature index
value for compatibility with a prior modeling program.

Once the calculations are completed, vibration index
results or responses as a function of rotary speed are
presented in a screen view 820 of FIG. 8C. In this screen
view 820, four vibration performance indices 822-825 are
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shown against values of RPM for a fixed WOB of 20 klbs
and using modes up to 6. Referring back to the performance
index calculations discussed above, the vibration index
response 822 corresponds to the RMS Transmitted Strain
Energy Index values; vibration index response 823 repre-
sents results for the BHA Strain Energy Index values;
vibration index response 824 corresponds to the RMS End-
Point Curvature Index values; and finally vibration index
response 825 represents the RMS BHA Stabilizer Sideforce
Index values or, alternatively, one of the BHA Dynamic
Torque Index values. In these displays, the lines 822a, 8225,
823a, 823b, 824a, 824bH, 825a and 825b correspond to
results for BHA design configuration A, and the lines 822¢,
822d, 823c, 823d, 824c, 824d, 825¢ and 825d indicate
results for BHA design configuration B. Furthermore, the
heavier lines (“a” and “c”) are the RMS values averaged
over the various excitation mode and end-length calculations
for the flex mode (recall that the twirl mode is only calcu-
lated for the excitation mode of one times the rotary speed),
and the thinner lines (“b” and “d”) indicate the “worst case”
maximum index results. If the excitation is self-sustained at
the worst case condition, then this value is a measure of how
detrimental that condition may be to the BHA. In these
charts 822-825, it may be noted that results for the BHA
design configuration A are generally lower than those for the
BHA design configuration B. Thus, it is expected that BHA
design configuration A should exhibit lower vibrational
response than BHA design configuration B because the
response for BHA A is lower than that for BHA B for the
similar bit excitation conditions (i.e., the same applied
dynamic bit loads and excitation modes).

The set of horizontal bars 828 in FIG. 8C are a diagnostic
aid to examine if any numerical convergence difficulties
have been encountered for any of the excitation modes. The
tag, which may be colored, to the left of the bars 828
indicates which BHA the respective bars 828 represent. If
the bar is all white (as shown in this example), then all of the
requested modes processed to completion successfully. If
shaded light gray, then one mode (generally the highest
excitation mode level) failed to converge and the non-
converged mode is omitted from the results. If shaded dark
gray, then two or more modes were omitted, and the user is
thereby warned that some investigation is necessary to
modify parameters to restore convergence.

For flex dynamics mode calculations, the RMS and maxi-
mum values are based on the various combinations of modes
and end-lengths, but for twirl dynamics calculations the
RMS and maximum values are based on the various end-
lengths only. The resulting index values for a range of rotary
speeds of the graphical displays 822-825 indicate the oper-
ating conditions, and through visual inspection provide the
specific efficient operating range or “sweet spot” of the BHA
design configurations. This efficient operating range may be
found as an interval of 5-10 RPM (or more) for which the
response is close to a minimum. Some examples present
stronger minimum response tendencies than others. In this
example, the BHA design configuration A is preferred to
BHA design configuration B across the full RPM range. If
BHA design configuration B is used, there may be a pre-
ferred region around 80 RPM where the RMS Transmitted
Strain Energy index 822¢ curve has a slight dip.

The results for the twirl mode calculations are displayed
in screen view 830 of FIG. 8D for which the corresponding
index calculations are shown. In screen view 830, the
vibration index response 832 corresponds to the RMS Trans-
mitted Strain Energy Index values; vibration index response
833 illustrates represents the BHA Strain Energy Index
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values; vibration index response 834 corresponds to the
RMS End-Point Curvature Index values; and finally vibra-
tion index response 835 refers to the RMS BHA Sideforce
Index values or, alternatively, one of the BHA Dynamic
Torque Index values. FIG. 8D shows how quadratic this
model response shape may be. The matrix element for the
eccentric mass includes the rotary speed squared as a direct
force input as described above.

Results for specific individual BHA configuration results
may be enlarged to fill the available screen area, as shown
in screen view 840 in FIG. 8E. In screen view 840, the
End-Point Curvature Index is displayed for BHA design
configuration A. This was obtained by selecting the “Bharez
Plot” menu option in menu bar 502. The RMS flex mode
index values are plotted as response 842, the maximum flex
mode values are represented by response 844, and the RMS
twirl values are provided in response 846.

In addition to the lateral vibration index displays, com-
parable index values for other modes, such as axial and
torsional vibrations, may also be provided. Accordingly, it
should be appreciated that comparable displays of vibration
indices may be provided to facilitate comparison of vibra-
tion tendencies among different BHA design configurations,
as well as to compare the responses at different frequencies
of other vibration modes. For example, this modeling pro-
gram may be utilized to provide BHA design configurations
having efficient operating ranges with low levels of vibration
response at all modes, including flexural, twirl, whirl, axial,
and torsional responses. Combination of the present tech-
niques with other models known in the art is likely a useful
extension of this technique, and such is included within the
broader method disclosed herein.

The second application method, the “Log Mode” may be
accessed from the screen view 400 by selecting the second
virtual button 404 of FIG. 4. If the log mode is selected, a
screen view 900 of a blank panel is presented, as shown in
FIG. 9A. The menu tabs in the menu bar 902 are a file menu
tab, which is labeled “File” for printing, print setup, and
exiting. The configuration menu tab, which is labeled “Con-
fig,” invokes the configuration panel 510 illustrated in FIG.
5B. As discussed above, in an alternate embodiment, the
configuration information may include rate of change of
inclination or azimuth angles and, more generally, wellbore
survey data to evaluate drilling dynamic response for vary-
ing wellbore geometry. Menu 902 includes: a “Log File”
menu option to setup an input dataset from field operational
data inputs such as that illustrated in FIG. 9B and as
discussed below; a menu tab labeled “Bitruns” to invoke a
panel to define BHA depth in and depth out, as shown in
FIG. 9C; and a calculate menu tab, which is labeled “Cal-
culate.”

Also shown in this screen view 900, virtual buttons
906a-906f may be utilized to access the different BHA
design configurations, which is similar to the discussion
above. In this example, two BHA design configurations,
which are “A” associated with virtual button 9064 and “B”
associated with virtual button 9065 are configured, while
virtual buttons 906¢-906f do not have BHA design configu-
rations associated with them. These buttons perform the
identical function as buttons 506a-f of FIG. SA.

To import log data, an input file is selected using the Log
File menu tab to obtain the preformatted data. As shown in
FIG. 9B, a screen view 910 presents the log data sorted into
various columns of text boxes 912. In particular, for this
example, the log data is sorted into columns of depth, WOB,
RPM, ROP, and MSE text boxes. The data in these different
text boxes may be organized in a specific file format, such



US 9,483,586 B2

31

as Microsoft Excel™. The log data may include a sequential
index (depth or time), WOB, and RPM in preferred embodi-
ments. In addition, in this screen view 910, additional data,
such as ROP (drilling rate) and Mechanical Specific Energy
(MSE), are also provided. After the modeling program
obtains the preformatted data, the variables (e.g. WOB,
RPM, ROP, MSE, etc.) may be plotted versus depth. How-
ever it should be noted that in different implementations,
different data sets of log data may be available for compari-
son with predicted values. For instance, the other data sets
may include downhole or surface measurements of vibra-
tions, formation or rock property data, well log data, mud
log data, as well as any other parameter that is provided as
a function of depth and/or time. In the preferred embodi-
ment, the menu tabs may include menu options that access
processes to directly convert raw field data from one of the
vendor-supplied formats to a compatible format, calculate
the MSE data from the raw inputs and compare with the
MSE data generated in the field, and import a dataset that has
been converted from field data to a format similar to 910 for
entry into the subject modeling program.

Then, the “Bitruns” menu tab of menu bar 902 may be
selected to associate the imported log data with a BHA
design configuration for each depth interval, as shown in
FIG. 9C. InFIG. 9C, a screen view 920 of the “Bitruns” data
panel is provided. The screen view 920 may include a menu
bar 921 along with virtual buttons 9064-906f, which open
BHA description panels similar to those discussed above in
FIGS. 5C and 5D. Accordingly, by using these virtual
buttons, each of the BHA design configurations may be
viewed, updated, or created.

Screen view 920 includes virtual buttons to add and delete
bitrun line entries, such as insert virtual buttons 922 labeled
“ins” and delete virtual buttons 923 labeled “del.” The
virtual buttons 922 and 923 provide a mechanism to modify
the bitrun depth intervals, the assignment of BHA layout
configurations to specific depth intervals, and otherwise
control the calculations that will be conducted in the next
processing step. For example, the depth range text boxes,
such as depth in text boxes 924 labeled “Depth In” and depth
out text boxes 925 labeled “Depth Out,” may be entered for
each of the BHA design configurations that were run in the
field so that the relevant design is associated with the
corresponding field operational data measurements. Further,
the screen view 920 includes buttons 926 to select the
specific BHA design configuration for each line entry, illus-
trate the designated color (e.g. “light gray” or “dark gray”)
as shown in color text boxes 927. Furthermore, screen view
920 includes an area to display the associated comment text
boxes 928.

Once configured, the “Calculate” menu tab may be
selected from the menu bar 902. When the calculate menu
tab is selected, the model predictions are driven by operating
parameters from the imported log data, using the respective
BHA design configuration for each interval. The resulting
dynamic vibration performance indices may be displayed
when the calculations have been completed or as they are
generated. An example of this graphical display is provided
in FIG. 9D. In FIG. 9D, a screen view 930 presents predicted
model results plotted alongside other field values, with a
solid colored bar 936 to illustrate the BHA design configu-
ration selected for each depth interval. That is, the log-based
processing provides diagnostic displays 932-935 of the
representative operating and measured parameters (e.g.
applied WOB 932 in klbs, applied rotary speed 933 in RPM,
ROP response 934 in ft/hour, and MSE response 935 in units
of stress). These values are plotted versus depth, which is
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displayed along the vertical axis 931. The various vibration
performance indices for the flexural lateral bending mode
calculations are shown to the right of the BHA selection bar
936, such as: the Transmitted Strain Energy Index 937, the
BHA Strain Energy Index 938, the BHA Sideforce Index
939, and the End-Point Curvature Index (i.e. “Bharez”) 940.
The four corresponding index values for the twirl mode
calculations are displayed in 941 and 942. The virtual slider
bars 952-954 allow the depth interval in the displays to be
adjusted.

Plotting the predicted results in a log format provides
insight into the vibration status of the drilling assemblies and
facilitates understanding of the model results versus the
measured log data. Accordingly, it models conditions expe-
rienced within a wellbore to increase or decrease vibrations.
In addition, the present techniques provide graphical dis-
plays of vibration levels that are reflected in changes in
parameters, such as ROP, MSE, and any vibration measure-
ments acquired in the field. Additional data provided may
include well log data, formation properties, sonic travel
times, lithology, any derived parameters such as formation
hardness or stress values calculated from dipole sonic logs,
etc. Additional vibration index predictions may also include
axial, torsional and/or stick-slip vibration modes that may be
provided by any conventional models known to the industry.

Beneficially, the modeling program in the log mode and
methods described above may be utilized to provide greater
insight into the operation of BHA assemblies within a
wellbore. Indeed, experience gained with application of the
modeling design tools described herein will provide infor-
mation and insights regarding vibration control methods
obtained via modification to BHA design practice. These
learnings will be in the form of improved understanding of
preferred configurations to avoid vibration generation, as
well as practices regarding use of specialized drilling equip-
ment such as under-reamers, roller reamers, rotary steerable
equipment, bi-center and other types of new bits, new
stabilizers, different material compositions, and other
improved drilling equipment. Application of these quantita-
tive design techniques will allow the industry to progress
beyond educated guesses of BHA dynamic performance to
evolve practices using comparative analysis of alternative
BHA designs.

In one embodiment, this process may be utilized with flow
chart 100 of FIG. 1. As a specific example, in block 112 of
FIG. 1, the measured data may be compared with calculated
data for a selected BHA design configuration. Then, a
redesign of the BHA design configuration may be performed
with one or more additional BHA design configurations.
These additional BHA design configurations may include
various enhancements that are tailored to address certain
limiters indicated from the measured data, such as the MSE
data, ROP, WOB, stick-slip, or vibrational data. Then, one of
the BHA design configurations may be selected for use in
drilling the well. In this manner, the limiter may be removed
or reduced to increase the ROP of drilling operations.

While the present techniques of the invention may be
susceptible to various modifications and alternative forms,
the exemplary embodiments discussed above have been
shown by way of example. However, it should again be
understood that the invention is not intended to be limited to
the particular embodiments disclosed herein. Indeed, the
present techniques of the invention are to cover all modifi-
cations, equivalents, and alternatives falling within the spirit
and scope of the invention as defined by the following
appended claims.
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What is claimed is:
1. A method of modeling drilling equipment comprising:
constructing two or more design configurations, wherein
each of the design configurations represents at least a
portion of a bottom hole assembly (BHA);

identifying operating parameters for the two or more
design configurations;
selecting lateral model mathematical boundary conditions
for a lateral beam bending mathematical model that
provide system excitation through a lateral mode,
wherein the two or more design configurations are
subjected to identical lateral system excitation;

calculating lateral beam bending results using the lateral
beam bending mathematical model in a computer pro-
cessor accessing non-transitory computer readable
media, for each of the two or more design configura-
tions using the identified operating parameters and the
selected mathematical boundary conditions;

comparing the calculated results for the two or more
design configurations;

displaying the calculated results of at least one of the two

or more design configurations;

selecting operating parameters for at least a portion of a

bottom hole assembly design configuration, based on
the calculated results for the two or more design
configurations, and selecting at least a portion of the
bottom hole assembly design configuration, based on
the selected operating parameters; and

drilling a well with drilling equipment based at least on

the selected bottom hole assembly design configura-
tion.

2. The method of claim 1 further comprising verifying the
two or more design configurations by graphically displaying
the two or more design configurations on the same display.

3. The method of claim 1 wherein constructing the two or
more design configurations comprises:

constructing two or more design layouts;

associating the operating parameters and the lateral model

mathematical boundary conditions with the two or
more design layouts; and

associating equipment parameters with each of the two or

more design layouts to create the two or more design
configurations.
4. The method of claim 1 wherein calculating the results
for two or more design configurations comprises:
generating a mathematical lateral beam bending model for
each of the two or more design configurations;

calculating results of the mathematical lateral beam bend-
ing model for specified operating parameters and iden-
tical mathematical boundary conditions for each con-
figuration;

identifying lateral beam bending outputs from the results

of the mathematical lateral beam bending model for
each configuration; and

determining state vectors and matrices from the identified

outputs of the mathematical lateral beam bending
model for each configuration.

5. The method of claim 4 wherein a two-dimensional or
three-dimensional finite element model is used to calculate
model results, from which state vectors and matrices may be
identified.

6. The method of claim 4 wherein calculating the results
of each of the two or more design configurations comprises:

generating a lumped parameter model of each of the two

or more design configurations, wherein the lumped
parameter model has a framework of state vector
responses and matrix transfer functions;
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determining a mass element transfer function and a beam

element transfer function; and

determining identical mathematical boundary conditions

and system excitation to generate the lateral beam
bending model results.

7. The method of claim 4 further comprising determining
one or more performance indices comprising a scalar quan-
tity derived from the state vectors and matrices, so obtained
for each set of mathematical boundary conditions and sys-
tem excitation.

8. The method of claim 4, wherein calculating the results
for two or more design configurations further comprises:

identifying lateral beam bending outputs including dis-

placement, tilt angle, bending moment, and beam shear
force from the results of the mathematical lateral beam
bending model for each configuration.

9. The method of claim 1 wherein the operating param-
eters and the mathematical boundary conditions comprise a
first modeling set of operating parameters and mathematical
boundary conditions and a second modeling set of operating
parameters and mathematical boundary conditions, both of
the first set and second set of operating parameters and
mathematical boundary conditions is used to model at least
one of dynamic lateral bending and eccentric whirl.

10. The method of claim 1 further comprising selecting
one of the two or more design configurations based on the
calculated results.

11. The method of claim 1 wherein the calculated results
comprise state variable values.

12. The method of claim 1 wherein the calculated results
are displayed as three dimensional responses.

13. The method of claim 12 wherein the three dimensional
responses are rotated based on movement of one or more
virtual slider bars.

14. The method of claim 1 wherein the calculated results
comprise one or more performance indices that characterize
vibration performance of the two or more design configu-
rations.

15. The method of claim 14 wherein the one or more
performance indices comprise one or more of an end-point
curvature index, a BHA strain energy index, an average
transmitted strain energy index, a transmitted strain energy
index, a root-mean-square BHA sideforce index, a root-
mean-square BHA torque index, a total BHA sideforce
index, a total BHA torque index, and any mathematical
combination thereof.

16. The method of claim 15, wherein the end-point
curvature index is defined by the equation:

My

Pl=a——
(EDy

wherein PI is the end-point curvature index, M, is the
bending moment at the last element in each of the design
configurations, (EI), is the bending stiffness of each such
element, and o is a constant.

17. The method of claim 15, wherein the BHA strain
energy index is defined by the equation:

L
pr=? M
) 2ED)

i=1
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wherein PI is the BHA strain energy index, L is the last
element index in a lower section of each of the design
configurations, i is the element index in each of the design
configurations, M, is the bending moment of the i”* element
in each of the design configurations, and (EI), is the bending
stiffness of the i” element.

18. The method of claim 15, wherein the average trans-
mitted strain energy index is defined by the equation:

M2
2(ED);

N
101—71
T(N-U+1)
i=U

wherein PI is the average transmitted strain energy index, i
is the element index in the each of the design configurations,
M, is the bending moment of the i element in each of the
design configurations, (EI), is the bending stiffness of the i”*
element, N is the total number of elements and U is the first
element of the upper part of each of the design configura-
tions.

19. The method of claim 15, wherein the transmitted
strain energy index is defined by the equation:

N N 2
(%X(M;) - gr:nJl(M;)]
pl=x~— = 7
16(EDy

wherein Pl is the transmitted strain energy index, i is the
element index in each of the design configurations, M, is the
bending moment of the i element in each of the design
configurations, (EI),,is the bending stiffness of each element
in the upper part of each of the design configurations, N is
the total number of elements and U is the first element of the
upper part of each of the design configurations.

20. The method of claim 15, wherein the root-mean-
square BHA sideforce index is defined by the equation:

wherein PI is the root-mean-square BHA sideforce index, j
is the element index of the contact points between each of
the design configurations and a modeled wellbore, C is the
number of such contact points, and F, is the contact force.

21. The method of claim 15, wherein the total BHA
sideforce index is defined by the equation:

wherein PI is the total BHA sideforce index, j is the element
index of the contact points between each of the design
configurations and a modeled wellbore, C is the number of
such contact points, and F, is the contact force.
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22. The method of claim 15, wherein the root-mean-
square BHA torque index is defined by the equation:

1c »
Pl= oL WiriFp
=

wherein PI is the root-mean-square BHA torque index, j is
the element index of the contact points between each of the
design configurations and a modeled wellbore, C is the
number of such contact points, F, is the contact force, t; is the
radius to the contact point for the applied moment arm and
1, is the appropriate coefficient of friction at each respective
contact point.

23. The method of claim 15, wherein the total BHA torque
index is defined by the equation:

C
PI= ) lujriF)l
1

wherein PI is the total BHA torque index, j is the element
index of the contact points between each of the design
configurations and a modeled wellbore, C is the number of
such contact points, F; is the contact force, r; is the radius to
the contact point for the applied moment arm and p, is the
appropriate coeflicient of friction at each respective contact
point.

24. The method of claim 15 wherein the root-mean-square
(RMS) average of the one or more performance indices is
defined by the equation:

Pr = /if 5 (P}
mii=| j=1

wherein PI' is the RMS average of a selected performance
index, j is an element index, i is an element index, m is the
number of excitation modes, n is the number of BHA
end-lengths, and (PI);; is one of the one or more performance
indices for the i” index of the m modes and j” index of the
n BHA end-lengths in the BHA design configuration.

25. The method of claim 15 wherein the maximum of the
one or more performance indices is defined by the equation:

o_m (o
pr —r&alx{r?:alx(f’l)u}

wherein PI' is the maximum value of a selected performance
index, j is an element index, i is an element index, m is the
number of excitation modes, n is the number of BHA
end-lengths, and (PI);; is one of the one or more performance
indices for the i” index of the m modes and j” index of the
n BHA end-lengths in the BHA design configuration.
26. The method of claim 1 further comprising the steps of:
drilling at least a portion of a wellbore to a subsurface
formation with drilling equipment using a bottom hole
assembly design configuration based upon the calcu-
lated results; and
disposing a wellbore completion into the wellbore.
27. The method of claim 26 further comprising the step of
producing hydrocarbons from the subsurface formation.
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28. The method of claim 1 wherein the mathematical
boundary condition has values of zero for the bit tilt angle,
the moment at the bit, and the lateral displacement of the first
contact above the bit, and wherein a constant magnitude
lateral force is applied at the bit.

29. The method of claim 1 wherein the mathematical
boundary condition has values of zero for the moment at the
bit, the lateral displacement of the first contact above the bit,
and the tilt angle of the first contact above the bit, and
wherein a constant magnitude lateral force is applied at the
bit.

30. A modeling system comprising:

a processor;

a memory coupled to the processor; and

a set of computer readable instructions accessible by the

processor, wherein the set of computer readable
instructions are configured to enable a process that
comprises:
constructing two or more design configurations, wherein
each of the design configurations represents at least a
portion of a bottom hole assembly (BHA);

identifying operating parameters for the two or more
design configurations;
selecting lateral model mathematical boundary conditions
that provide system excitation through a lateral mode,
wherein the two or more design configurations are
subjected to identical lateral system excitation;

calculating results for each of the two or more design
configurations using a lateral beam bending model
comprising mass and beam bending mathematical ele-
ments that includes lateral beam bending analysis, the
identified operating parameters and the selected math-
ematical boundary conditions;

comparing the calculated results for the two or more

design configurations;

displaying the calculated results of at least one of the two

or more design configurations;

selecting operating parameters for at least a portion of a

bottom hole assembly design configuration, based on
the calculated results for the two or more design
configurations, and selecting at least a portion of the
bottom hole assembly design configuration, based on
the selected operating parameters; and

drilling a well with drilling equipment based at least on

the selected bottom hole assembly design configura-
tion.

31. The modeling system of claim 30 wherein the set of
computer readable instructions is further configured to:

construct at least two design layouts;

associate the operating parameters and the lateral model

mathematical boundary conditions with each of the at
least two design layouts; and

associate equipment parameters with each of the at least

two design layouts to create each of the at least two
design configurations;

simultaneously display the at least two design configura-

tions.

32. The modeling system of claim 30 wherein the set of
computer readable instructions is configured to display the
calculated results as three dimensional responses.

33. The modeling system of claim 32 wherein the set of
computer readable instructions is configured to rotate the
three dimensional responses based on movement of one or
more virtual slider bars.
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34. The modeling system of claim 30 wherein the calcu-
lated results comprise one or more performance indices that
characterize vibration performance of the at least two design
configurations.

35. The modeling system of claim 34 wherein the one or
more performance indices comprise one or more of an
end-point curvature index, a BHA strain energy index, an
average transmitted strain energy index, a transmitted strain
energy index, a root-mean-square BHA sideforce index, a
root-mean-square BHA torque index, a total BHA sideforce
index, a total BHA torque index, and any mathematical
combination thereof.

36. The modeling system of claim 35 wherein the end-
point curvature index is defined by the equation:

My

Pl=a¢——
(EDy

wherein PI is the end-point curvature index, M, is the
bending moment at the last element in each of the design
configurations, (EI), is the bending stiffness of each such
element, and o is a constant.

37. The modeling system of claim 35 wherein the BHA
strain energy index is defined by the equation:

M2
UEI;

L
1
L

i=1

Pi=

wherein PI is the BHA strain energy index, L is the last
element in a lower section of each of the design configura-
tions, i is the element index in each of the design configu-
rations, M, is the bending moment at the i element in each
of the design configurations, and (EI), is the bending stift-
ness of this element.

38. The modeling system of claim 35 wherein the average
transmitted strain energy index is defined by the equation:

M2
2(ED);

N
101—71
T(N-U+1)
i=U

wherein PI is the average transmitted strain energy index, i
is the element index in each of the design configurations, M,
is the bending moment at the i”* element in each of the
design configurations, and (EI); is the bending stiffness of
each element, N is the total number of elements and U is the
first element of the upper part of each of the design con-
figurations.

39. The modeling system of claim 35 wherein the trans-
mitted strain energy index is defined by the equation:

N N 2
(rg%X(M;) - gr:nJl(M;)]
pl=x~—_ 7
L6(ED)y

wherein PI is the transmitted strain energy index, i is the
element index in each of the design configurations, M, is the
bending moment of the i” element in the design configura-
tions, (EI), is the bending stiffness of each element in the
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upper part of the design configurations, N is the total number
of elements and U is the first element of the upper part of
each of the design configurations.

40. The modeling system of claim 35, wherein the root-
mean-square BHA sideforce index is defined by the equa-
tion:

wherein PI is the root-mean-square BHA sideforce index, j
is the element index of the contact points between each of
the design configurations and a modeled wellbore, C is the
number of such contact points, and F; is the contact force
calculated.

41. The modeling system of claim 35, wherein the total
BHA sideforce index is defined by the equation:

C
m=2m|
=

wherein PI is the root-mean-square BHA sideforce index, j
is the element index of the contact points between each of
the design configurations and a modeled wellbore, C is the
number of such contact points, and F; is the contact force
calculated.

42. The modeling system of claim 35, wherein the root-
mean-square BHA torque index is defined by the equation:

1c¢ »
Pr= 5L WiriFp
=

wherein PI is the root-mean-square BHA torque index, j is
the element index of the contact points between each of the
design configurations and a modeled wellbore, C is the
number of such contact points, F, is the contact force, r; is the
radius to the contact point for the applied moment arm and
1, is the appropriate coefficient of friction at each respective
contact point.
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43. The modeling system of claim 35, wherein the total
BHA torque index is defined by the equation:

C
PI= ) lujriF)l
=1

wherein PI is the total BHA torque index, j is the element
index of the contact points between each of the design
configurations and a modeled wellbore, C is the number of
such contact points, F, is the contact force, r; is the radius to
the contact point for the applied moment arm and , is the
appropriate coefficient of friction at each respective contact
point.

44. The modeling system of claim 35 wherein the root-
mean-square (RMS) average of the one or more perfor-
mance indices is defined by the equation:

1 m n
Pr = /—z > (PDE
mni=| j=1

wherein PI' is the RMS average of a selected performance
index, j is an element index, i is an element index, m is the
number of excitation modes, n is the number of BHA
end-lengths, and (PI),, is one of the one or more performance
indices for the i” index of the m modes and j” index of the
n BHA end-lengths in each of the BHA design configura-
tions.

45. The modeling system of claim 35 wherein the maxi-
mum of the one or more performance indices is defined by
the equation:

m [ n
Pl = r&alx{r?:alx(Pl)‘-j}

wherein PI' is the maximum value of a selected performance
index, j is an element index, i is an element index, m is the
number of excitation modes, n is the number of BHA
end-lengths, and (PI),, is one of the one or more performance
indices for the i” index of the m modes and j” index of the
n BHA end-lengths in each of the BHA design configura-
tions.

46. The modeling system of claim 30 further comprising
the step of drilling a well based upon information produced
using the modeling system and producing hydrocarbons
from the well.



